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The authors prove that to every a, 0 < a < 1 there is a sequence A of density «
so that for very sequence of integers by < ... < by the density of Ule{A +b;}
is 1 — (1 — a)*. The theorem no longer holds if 1 — (1 — a)* is replaced by
1 — (1 —a)® +e. But the authors believe that there is a sequence of density a
so that the density of Ule{A + b;} is always greater than 1 — (1 — a)*. The
authors also answer a question of A. Stéhr by showing that there is a sequence
A of density 0, so that for every basis B A + B has density 1. The methods of
the proof are probabilistic.
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