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Matching the natural numbers up to n with distinct multiples in another inter-
val. (In English)

Indag. Math. 42, 147-161 (1980).

Let m and n be positive and let f(n,m) denote the least integer so that in
(m,n + f(n,m)] there are distinct integers ay,...,a, such that i|a; for i =
1,2,...n. The authors study the function f(n,m) and in particular the function
f(n) defined by f(n) = n+ f(n,n). They establish some nice results on f(n,m)
and we state some of them. Theorem 2. For n > 3,

F(n) > (2e7 +o(1))n (llgl%) .

Theorem 3. Let r be the positive number satisfying e = r. Then

Nl

f(n) < <1T_§T + 0(1)) n(logn)2.

Theorem 4. For all positive integers m,n we have f(n,m) < 4n([n'/?] + 1).
Theorem 5. Let a = 1 — (log(elog2))(log2)~t. Then

L(n)
(L)~ f(n,m) > n(logn)®,
m=1
(n > ng), where L(n) denotes the l.c.m. of 1,2,...,n and ng is a certain

numerical constant. Theorem 6. Let 3 = log(5°/2373/2271). Then

L(n)

(L)™' Y f(n.m) < nexp((8 + o(1))(

m=1

logn

loglogn)'

The proofs are fairly involved and a detailed study of the paper would be

rewarding in the opinion of the reviewer. Some of the ideas involved in the proof

are marriage theorem, some results of de Bruijn, some results of Tenenbaum.
K.Ramachandra
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