
C Cummins: Congruence Subgroups of Genus 0 and 1

0 : 119 15 : 2002 30 : 5610 45 : 7854 59 : 9690 73 : 13090 87 : 14430
1 : 238 16 : 2145 31 : 3927 46 : 5565 60 : 6474 74 : 15015 88 : 10318
2 : 390 17 : 2046 32 : 3910 47 : 7770 61 : 10374 75 : 9165 89 : 13195
3 : 510 18 : 2415 33 : 6006 48 : 6783 62 : 10626 76 : 10005 90 : 16302
4 : 570 19 : 3570 34 : 4641 49 : 6545 63 : 7995 77 : 12390 91 : 15834
5 : 910 20 : 3003 35 : 6270 50 : 8778 64 : 8547 78 : 13566 92 : 10070
6 : 858 21 : 2926 36 : 4270 51 : 6578 65 : 8265 79 : 13398 93 : 11445
7 : 897 22 : 3135 37 : 5005 52 : 8970 66 : 8295 80 : 14630 94 : 17710
8 : 1190 23 : 3990 38 : 6630 53 : 9282 67 : 11310 81 : 11165 95 : 15990
9 : 1365 24 : 3255 39 : 6510 54 : 8610 68 : 9177 82 : 15470 96 : 12903

10 : 1326 25 : 2670 40 : 5313 55 : 7735 69 : 12090 83 : 11067 97 : 16422
11 : 1518 26 : 4290 41 : 5187 56 : 10010 70 : 8745 84 : 10846 98 : 16530
12 : 2310 27 : 3315 42 : 6045 57 : 9030 71 : 8835 85 : 14586 99 : 19635
13 : 1870 28 : 4830 43 : 7590 58 : 7395 72 : 12558 86 : 14790 100 : 15810
14 : 2730 29 : 3198 44 : 4758

Table 1: Maximum squarefree f such that Γ0(f)+ has genus g for 0 ≤ g ≤ 100.
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C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

1A0
1 1− 1 1A0

1 1 3121 11 8H0
1 24 2B0

1 3 4J0
28M0

2 8224 4E0
18D0

18E0
1

8I0
1 24 4C0

1 6 4K0
2 24 8242 4F0

1 8C0
18E0

1
2A0

1 2 1A0
1 1 32 21 1A0

1 8J0
1 24 4E0

1 12 8L0
28U0

2 8V 0
2 814322 4E0

1
2B0

1 2− 3 2B0
1 3 1B0

2 21 2111 1A0
1 8K0

1 24 8D0
1 12 8U0

2 82412112 8D0
1

2C0
1 6 1A0

1 1 2D0
2 23 2A0

12B0
1 8L0

1 24 4F0
1 12 8W0

2 22 8144 4F0
1

8M0
1 24 8C0

1 12 8N0
2 24 8242 8C0

1
3A0

1 3 1A0
1 1 23 31 1A0

1 8N0
1 32 8G0

1 16 3224 84 8A0
18G0

1
3B0

1 3− 4 3B0
1 4 1B0

3 31 3111 1A0
1 8O0

1 32 8G0
1 16 3224 84 8B0

18G0
1

3C0
1 6 3A0

1 3 22 32 3A0
1 8P0

1 48 2B0
1 3 8Y 0

2 8Z0
2 8248 4G0

18J0
18L0

1
3D0

1 12 1A0
1 1 3D0

3 34 3B0
13C0

1 8Q0
1 48 4B0

1 6 8Z0
28AB0

2 844224 8H0
18J0

18K0
1

8R0
1 48 8C0

1 12 8AA0
2 24 8444 8I0

18M0
1

4A0
1 4 4A0

1 4 3122 41 1A0
1

4B0
1 4− 6 2B0

1 3 2D0
2 4112 2B0

1 9A0
1 9 9A0

1 9 25 91 3A0
1

4C0
1 6 2B0

1 3 2C0
2 22 4121 2B0

1 9B0
1 9− 12 3B0

1 4 3D0
3 9113 3B0

1
4D0

1 8 4A0
1 4 32 42 2A0

14A0
1 9C0

1 12 3B0
1 4 3C0

3 33 9131 3B0
1

4E0
1 12 2B0

1 3 2F0
2 4F0

2 4222 2C0
14B0

14C0
1 9D0

1 18 3A0
1 3 26 92 3C0

19A0
1

4F0
1 12 4C0

1 6 4G0
2 22 43 4A0

14C0
1 9E0

1 18 9E0
1 18 22 9133 3C0

1
4G0

1 24 1A0
1 1 4J0

2 46 4D0
14E0

14F0
1 9F0

1 27 9F0
1 27 27 93 9A0

1
9G0

1 27 9G0
1 27 3323 93 1A0

1
5A0

1 5 5A0
1 5 3221 51 1A0

1 9H0
1 36 3C0

1 6 9F0
3 9G0

3 9236 3D0
19E0

1
5B0

1 5− 6 5B0
1 6 1B0

5 22 5111 1A0
1 9I0

1 36 9B0
1 12 9F0

3 933213 9B0
1

5C0
1 10 5C0

1 10 3122 52 1A0
1 9J0

1 36 9C0
1 12 9E0

3 33 9333 9C0
1

5D0
1 12 5B0

1 6 5C0
5 5212 5B0

1
5E0

1 15 5A0
1 5 23 53 5A0

1 10A0
1 10 5A0

1 5 34 101 2A0
15A0

1
5F0

1 20 5C0
1 10 32 54 5A0

15C0
1 10B0

1 12 5B0
1 6 10D0

5 24 10121 5B0
1

5G0
1 30 5E0

1 15 5H0
5 22 56 5B0

15C0
15E0

1 10C0
1 10− 18 10C0

1 18 5D0
22C0

51E0
10 22 101512111 2B0

15B0
1

5H0
1 60 1A0

1 1 5I0
5 512 5D0

15F0
1 5G0

1 10D0
1 20 5C0

1 10 3224 102 5C0
1

10E0
1 30 10A0

1 10 36 103 10A0
1

6A0
1 6 2A0

1 2 33 61 2A0
1 10F0

1 36 10C0
1 18 5G0

210N0
5 5C0

10 102522212 5D0
110C0

1
6B0

1 6 3A0
1 3 24 61 3A0

1 10G0
1 36 10C0

1 18 10D0
210Q0

5 24 10323 10B0
110C0

1
6C0

1 8 3B0
1 4 2D0

3 32 6121 2A0
13B0

1 10G0
10

6D0
1 9 2B0

1 3 3C0
2 23 6131 2B0

13A0
1

6E0
1 12 3A0

1 3 24 62 3C0
16B0

1 11A0
1 11 11A0

1 11 3223 111 1A0
1

6F0
1 6− 12 6F0

1 12 3F0
2 2F0

3 1E0
6 61312111 2B0

13B0
1 11B0

1 11 11B0
1 11 3223 111 1A0

1
6G0

1 18 6D0
1 9 3G0

2 22 6232 3C0
16D0

1
6H0

1 18 6D0
1 9 6H0

2 24 63 6B0
16D0

1 12A0
1 12 4A0

1 4 26 121 3A0
14A0

1
6I0

1 24 3B0
1 4 6L0

22H0
32K0

6 6323 2C0
16C0

16F0
1 12B0

1 16 3B0
1 4 12C0

3 34 12141 6C0
1

6J0
1 24 6C0

1 8 6G0
3 33 64 6A0

16C0
1 12C0

1 18 2B0
1 3 6E0

2 26 12161 4C0
16D0

1
6K0

1 36 2B0
1 3 3I0

26H0
33G0

6 6434 3D0
16F0

1 6G0
1 12D0

1 18 6D0
1 9 6H0

2 24 12132 6D0
1

6L0
1 36 6D0

1 9 6O0
2 24 66 6E0

16G0
16H0

1 12E0
1 12− 24 6F0

1 12 6L0
24G0

32K0
6 121413212 4B0

16F0
1

12F0
1 24 12A0

1 12 28 122 6B0
112A0

1
7A0

1 7 7A0
1 7 3123 71 1A0

1 12G0
1 36 6D0

1 9 6O0
2 24 12234 6G0

112D0
1

7B0
1 7 7B0

1 7 3123 71 1A0
1 12H0

1 36 6D0
1 9 6N0

2 28 12262 6H0
112C0

112D0
1

7C0
1 7− 8 7C0

1 8 1B0
7 32 7111 1A0

1 12I0
1 48 6F0

1 12 12G0
212H0

2 121644124 6I0
1

7D0
1 14 7B0

1 7 3222 72 7B0
1 12P0

3 12I0
6

7E0
1 14 7A0

1 7 3222 72 7A0
1 12J0

6
7F0

1 21 7F0
1 21 25 73 7A0

17B0
1 12J0

1 48 12E0
1 24 12H0

212Q0
3 1226142322112 12E0

1
7G0

1 24 7C0
1 8 7B0

7 7313 7C0
1 12J0

6
7H0

1 28 7H0
1 28 3124 74 7A0

17B0
1

7I0
1 42 7A0

1 7 26 76 7E0
17F0

1 13A0
1 13− 14 13A0

1 14 1B0
13 3222 13111 1A0

1
7J0

1 42 7B0
1 7 26 76 7D0

17F0
1 13B0

1 28 13A0
1 14 13D0

13 34 13212 13A0
1

13C0
1 42 13A0

1 14 13E0
13 26 13313 13A0

1
8A0

1 8 4A0
1 4 3222 81 4A0

1
8B0

1 8 4A0
1 4 3222 81 4A0

1 14A0
1 14 7B0

1 7 3224 141 7B0
1

8C0
1 12 2B0

1 3 4D0
2 24 8141 4C0

1 14B0
1 14 7A0

1 7 3224 141 7A0
1

8D0
1 8− 12 4B0

1 6 4F0
2 812112 4B0

1 14C0
1 16 7C0

1 8 2D0
7 34 14121 2A0

17C0
1

8E0
1 12 4C0

1 6 4G0
2 22 8122 4C0

1 14D0
1 48 14C0

1 16 14C0
7 36 14323 14C0

1
8F0

1 16 4A0
1 4 34 82 4D0

18A0
18B0

1
8G0

1 16 8G0
1 16 3124 82 4A0

1 15A0
1 15 5A0

1 5 3323 151 5A0
1

Table 2: The classes of congruence subgroups of genus 0 and 1.



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

15B0
1 15 5A0

1 5 3323 151 5A0
1 3A0

2 3 3A0
2 3 4122 31 1A0

2
15C0

1 18 5B0
1 6 3C0

5 26 15131 3A0
15B0

1 3B0
2 6 + 2 4 3B0

2 4 1C0
6 22 3111 1A0

2
15D0

1 36 15C0
1 18 15E0

5 28 15232 15C0
1 3C0

2 6 1A0
2 1 6D0

1 23 32 1B0
23A0

2
3D0

2 6 3A0
2 3 23 32 3A0

2
16A0

1 16 8A0
1 8 3422 161 8A0

1 3E0
2 6 3A0

2 3 42 32 3A0
2

16B0
1 16 8B0

1 8 3422 161 8B0
1 3F0

2 6− 8 3B0
2 4 6F0

1 2F0
3 1E0

6 3212 1B0
23B0

2
16C0

1 24 2B0
1 3 8J0

2 28 16181 8C0
1 3G0

2 12 3A0
2 3 6G0

1 22 34 3C0
23D0

23E0
2

16D0
1 16− 24 4B0

1 6 8M0
2 1614114 8D0

1 3H0
2 12 3D0

2 6 3E0
6 22 34 3B0

23D0
2

16E0
1 24 8D0

1 12 8V 0
2 1612312 8D0

1 3I0
2 24 1A0

2 1 6K0
16H0

33G0
6 38 3F0

2 3G0
23H0

2
16F0

1 24 8E0
1 12 8W0

2 22 16124 8E0
1

16G0
1 32 4A0

1 4 38 162 8F0
1 16A0

116B0
1 4A0

2 4 1A0
2 1 24 41 2A0

2
16H0

1 48 2B0
1 3 8Y 0

2 16E0
2 16228 8H0

116E0
116F0

1 4B0
2 4 2A0

2 2 24 41 2A0
2

16I0
1 48 8D0

1 12 8AB0
2 162422214 8K0

116D0
116E0

1 4C0
2 4 2B0

2 2 4221 41 2B0
2

4D0
2 8 1A0

2 1 8C0
1 24 42 2C0

24B0
24C0

2
18A0

1 18 9A0
1 9 28 181 6B0

19A0
1 4E0

2 8 2A0
2 2 24 42 2E0

24A0
24B0

2
18B0

1 18 9A0
1 9 28 181 6B0

19A0
1 4F0

2 8− 8 2D0
2 4 4E0

18D0
1 412112 2D0

2
18C0

1 24 3B0
1 4 6F0

3 36 18161 6C0
19C0

1 4G0
2 8 2C0

2 4 4F0
1 8E0

1 22 4122 2C0
2

18D0
1 24 6C0

1 8 6G0
3 33 18123 6C0

1 4H0
2 8 4A0

2 4 24 42 4A0
2

18E0
1 36 3A0

1 3 212 182 6E0
19D0

118A0
1 4I0

2 8 4C0
2 4 4221 42 4C0

2
18B0

1 4J0
2 16 1B0

2 2 4G0
18H0

1 4224 2F0
2 4F0

2 4G0
2

18F0
1 18− 36 6F0

1 12 9E0
26H0

33G0
6 181912313 6F0

1 9B0
1 4K0

2 16 2B0
2 2 8I0

1 24 44 4D0
24G0

24I0
2

4L0
2 16 4A0

2 4 24 44 4E0
24H0

2
20A0

1 36 10C0
1 18 10D0

220E0
5 24 201524112 10C0

1
10G0

10 5A0
2 5 5A0

2 5 4123 51 1A0
2

5B0
2 10 + 2 6 5B0

2 6 1D0
10 42 5111 1A0

2
21A0

1 21 7B0
1 7 29 211 3A0

17B0
1 5C0

2 10 5C0
2 10 25 52 1A0

2
21B0

1 21 7A0
1 7 29 211 3A0

17A0
1 5D0

2 10− 12 5B0
2 6 10C0

12C0
51E0

10 22 5212 1B0
25B0

2
5E0

2 15 5E0
2 15 4124 53 5A0

2
24A0

1 36 2B0
1 3 12E0

2 212 241121 8C0
112C0

1 5F0
2 20 5C0

2 10 26 54 5A0
25C0

2
24B0

1 48 6F0
1 12 12G0

224C0
3 241813414 12E0

1 5G0
2 24 5B0

2 6 10F0
1 10N0

5 5414 5D0
2

12I0
6 5C0

10
5H0

2 30 5E0
2 15 27 56 5C0

25E0
2

25A0
1 25− 30 25A0

1 30 5H0
5 22 25115 5B0

1
25B0

1 60 5B0
1 6 5I0

5 252110 5D0
125A0

1 6A0
2 6 3A0

2 3 25 61 2A0
23A0

2
6B0

2 6 3A0
2 3 4222 61 3A0

2
26A0

1 28 13A0
1 14 26C0

13 3424 26121 13A0
1 6C0

2 6 3A0
2 3 4222 61 2B0

23A0
2

6D0
2 8 3B0

2 4 2E0
6 24 6121 2A0

23B0
2

27A0
1 36 9B0

1 12 9G0
3 2713116 9B0

1 6E0
2 12 1A0

2 1 12C0
1 26 62 2C0

23C0
26A0

2
6C0

2
28A0

1 32 7C0
1 8 28C0

7 38 28141 14C0
1 6F0

2 12 3A0
2 3 26 62 3D0

26A0
26B0

2
6G0

2 12 3A0
2 3 44 62 3E0

26B0
26C0

2
30A0

1 36 5B0
1 6 30C0

5 212 30161 10B0
115C0

1 6H0
2 12 3C0

2 6 6H0
112D0

1 24 6132 3C0
2

6I0
2 12 6A0

2 6 26 62 6A0
2

32A0
1 48 4B0

1 6 16E0
2 3218118 16D0

1 6J0
2 12 6B0

2 6 4223 62 6B0
2

6K0
2 12 6B0

2 6 4223 62 6B0
2

36A0
1 48 3B0

1 4 12O0
3 312 361121 12B0

118C0
1 6L0

2 12− 16 3F0
2 8 6I0

112E0
12H0

3 61322112 2D0
23F0

2
4G0

32K0
6

48A0
1 72 2B0

1 3 24C0
2 224 481241 16C0

124A0
1 6M0

2 16 6D0
2 8 2M0

6 24 6222 2E0
26D0

2
6N0

2 24 3A0
2 3 12H0

1 28 64 6E0
26H0

26I0
2

1A0
2 2+ 1 1A0

2 1 4121 11 6O0
2 24 3C0

2 6 6L0
112G0

1 24 6234 3G0
26H0

2
1B0

2 2− 2 1A0
2 1 2B0

1 21 12 1A0
2 6P0

2 24 6B0
2 6 28 64 6F0

2 6J0
26K0

2
6Q0

2 24 6B0
2 6 4422 64 6G0

26J0
26K0

2
2A0

2 2 1A0
2 1 23 21 1A0

2
2B0

2 2 1A0
2 1 42 21 1A0

2 7A0
2 7 7A0

2 7 4124 71 1A0
2

2C0
2 4 1A0

2 1 4C0
1 22 22 1B0

22A0
22B0

2 7B0
2 7 7B0

2 7 4124 71 1A0
2

2D0
2 4− 4 1B0

2 2 2C0
14B0

1 2112 1B0
2 7C0

2 14 7A0
2 7 4224 72 7A0

2
2E0

2 4 2A0
2 2 22 22 2A0

2 7D0
2 14 7B0

2 7 4224 72 7B0
2

2F0
2 8 1A0

2 1 4E0
1 24 2C0

22D0
22E0

2 7E0
2 21 7E0

2 21 4127 73 7A0
27B0

2



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

8A0
2 8 2B0

2 2 44 81 4C0
2 12I0

2 32 6M0
2 16 12L0

6 24 6424 6M0
2

8B0
2 8 2E0

2 4 22 4122 2E0
2

8C0
2 8 2E0

2 4 22 4122 2E0
2 14A0

2 14 7A0
2 7 29 141 2A0

27A0
2

8D0
2 8 4B0

2 4 24 42 4B0
2 14B0

2 14 7B0
2 7 29 141 2A0

27B0
2

8E0
2 8 4B0

2 4 24 42 4B0
2

8F0
2 8 4B0

2 4 26 81 4B0
2 16A0

2 16 4C0
2 4 4424 161 8I0

2
8G0

2 8 4A0
2 4 26 81 4A0

2 16B0
2 16 8H0

2 8 210 161 8H0
2

8H0
2 8 4B0

2 4 26 81 4B0
2 16C0

2 16 8G0
2 8 210 161 8G0

2
8I0

2 8 4C0
2 4 4223 81 4C0

2 16D0
2 32 2A0

2 2 216 162 8K0
216B0

216C0
2

8J0
2 16 1A0

2 1 16C0
1 28 82 4D0

28F0
2 8I0

2 16E0
2 32 2D0

2 4 16H0
132A0

1 1618118 8M0
2

8K0
2 16 2A0

2 2 28 82 4E0
28G0

28H0
2

8L0
2 16 2E0

2 4 8J0
1 4224 2F0

2 8B0
28C0

2 18A0
2 18 9A0

2 9 4622 181 6B0
29A0

2
8M0

2 16− 16 2D0
2 4 8H0

116D0
1 814114 4F0

2 18B0
2 18 9A0

2 9 4622 181 6C0
29A0

2
8N0

2 16 4B0
2 4 8M0

1 24 44 4D0
28D0

28E0
2 18C0

2 36 3A0
2 3 412 182 6G0

29C0
218A0

2
8O0

2 16 2E0
2 4 24 44 4E0

28B0
28C0

2 18B0
2

8P0
2 16 4B0

2 4 24 44 4E0
28D0

28E0
2

8Q0
2 16 4B0

2 4 28 82 8E0
28F0

2 8H0
2 20A0

2 20 5A0
2 5 212 201 4A0

210A0
2

8R0
2 16 4B0

2 4 28 82 8D0
28F0

2 8H0
2

8S0
2 16 4A0

2 4 28 82 4H0
28G0

2 24A0
2 24 12B0

2 12 214 241 8F0
2 12B0

2
8T0

2 16 4C0
2 4 4422 82 4I0

28A0
28I0

2 24B0
2 24 12C0

2 12 42211 241 8I0
212C0

2
8U0

2 16 4F0
2 8 8J0

18K0
1 432112 4F0

2 24C0
2 48 1A0

2 1 48A0
1 224 242 8J0

212E0
224A0

2
8V 0

2 16 4F0
2 8 8J0

116E0
1 812312 4F0

2 24B0
2

8W0
2 16 4G0

2 8 8L0
116F0

1 22 8124 4G0
2

8X0
2 16 4I0

2 8 4221 44 4I0
2 1A0

3 3+ 1 1A0
3 1 6121 11

8Y 0
2 32 1B0

2 2 8P0
1 16H0

1 8228 4J0
28V 0

2 8W0
2 1B0

3 3− 2 1A0
3 1 3B0

1 31 12 1A0
3

8Z0
2 32 2D0

2 4 8P0
1 8Q0

1 4624 4J0
28L0

28U0
2

8AA0
2 32 4C0

2 4 8R0
1 24 48 4K0

28N0
2 8X0

2 2A0
3 2 1A0

3 1 3122 21 1A0
3

8AB0
2 32 4F0

2 8 8Q0
116I0

1 82422214 8M0
2 8U0

2 8V 0
2 2B0

3 2 1A0
3 1 62 21 1A0

3
8AC0

2 32 4E0
2 8 24 48 4L0

28O0
28P0

2 2C0
3 6 + 3 3 2C0

3 3 1D0
6 22 2111 1A0

3
2D0

3 4 1A0
3 1 6C0

1 32 22 1B0
32A0

32B0
3

9A0
2 9 9A0

2 9 4322 91 3A0
2 2E0

3 6 1A0
3 1 2H0

6 22 23 2B0
32C0

3
9B0

2 18 + 2 12 9B0
2 12 3E0

6 22 9113 3B0
2 2F0

3 6− 6 2C0
3 3 6F0

1 3F0
2 1E0

6 2212 1B0
32C0

3
9C0

2 18 3A0
2 3 46 92 3E0

29A0
2 2G0

3 6 2C0
3 3 2G0

6 22 23 2A0
32C0

3
9D0

2 18 9D0
2 18 25 9133 3D0

2 2H0
3 12 1A0

3 1 6I0
16L0

22K0
6 26 2D0

32E0
32F0

3
9E0

2 18− 24 3B0
2 4 18F0

1 6H0
33G0

6 9216 3F0
2 9B0

2 2G0
3

9F0
2 36 3D0

2 6 9C0
6 26 9236 3H0

29D0
2

9G0
2 36 9B0

2 12 9C0
6 26 933213 9B0

2 3A0
3 3 1A0

3 1 24 31 1A0
3

3B0
3 3 3B0

3 3 613121 31 1A0
3

10A0
2 10 5A0

2 5 27 101 2A0
25A0

2 3C0
3 6 1A0

3 1 9C0
1 33 32 1B0

33B0
3

10B0
2 12 5B0

2 6 2F0
10 44 10121 2B0

25B0
2 3D0

3 9− 6 1B0
3 2 3D0

19B0
1 3113 1B0

3
10C0

2 20 5C0
2 10 210 102 2A0

25C0
2 3E0

3 9 3B0
3 3 24 33 3A0

33B0
3

10D0
2 24 5D0

2 12 10G0
120A0

1 24 101522112 5D0
2

10Q0
520E0

5 4A0
3 4 4A0

3 4 6123 41 1A0
3

10G0
10 4B0

3 12 + 3 6 2C0
3 3 2H0

6 22 4112 2C0
3

10E0
2 24 10B0

2 12 10J0
10 4422 10222 10B0

2 4C0
3 6 2C0

3 3 2G0
6 22 4112 2C0

3
4D0

3 6 2C0
3 3 2F0

6 24 4121 2C0
3

12A0
2 12 3A0

2 3 28 121 6A0
2 4E0

3 8 4A0
3 4 3124 42 2A0

34A0
3

12B0
2 12 6A0

2 6 28 121 4B0
26A0

2 4F0
3 8 4A0

3 4 6222 42 2B0
34A0

3
12C0

2 12 6C0
2 6 4225 121 4C0

26C0
2 4G0

3 12− 12 2C0
3 3 12E0

16L0
22K0

6 4214 2F0
3 4B0

34C0
3

12D0
2 16 3B0

2 4 4E0
6 28 12141 4A0

26D0
2 4H0

3 12 2C0
3 3 2L0

64I0
6 24 4222 2E0

34C0
34D0

3
12E0

2 24 1A0
2 1 24A0

1 212 122 4D0
26E0

212B0
2 4I0

3 12 2C0
3 3 2L0

6 24 4222 2G0
34B0

34D0
3

12C0
2 4J0

3 12 4D0
3 6 4J0

6 26 43 4A0
34D0

3
12F0

2 24 6A0
2 6 212 122 6I0

212A0
212B0

2 4K0
3 24 1A0

3 1 4M0
6 28 46 4F0

3 4H0
34J0

3
12G0

2 32 3F0
2 8 12I0

124B0
1 121413414 6L0

2
12P0

3 24C0
3 5A0

3 5 5A0
3 5 3124 51 1A0

3
12I0

6 5B0
3 10 5B0

3 10 6125 52 1A0
3

12H0
2 32 6L0

2 16 12I0
112J0

1 63322312 6L0
2 5C0

3 20 5B0
3 10 3128 54 5A0

35B0
3

12P0
3 12Q0

3
12J0

6 6A0
3 6 1A0

3 1 26 61 2A0
33A0

3



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

6B0
3 6 2B0

3 2 6321 61 2B0
3 18A0

3 18 3B0
3 3 3626 181 6C0

39A0
3

6C0
3 6 3B0

3 3 3322 61 2A0
33B0

3
6D0

3 6 3B0
3 3 6232 61 2B0

33B0
3 21A0

3 16 7A0
3 8 21B0

21 623122 7212 7A0
3

6E0
3 9 2C0

3 3 3C0
6 26 6131 2C0

33A0
3 21B0

3 16 7A0
3 8 21B0

21 623122 7212 7A0
3

6F0
3 12 1A0

3 1 18C0
1 36 62 2D0

33C0
36C0

3
6D0

3 24A0
3 12 4B0

3 6 12C0
6 22 8114 4B0

3
6G0

3 12 2D0
3 4 6J0

118D0
1 33 6123 2D0

3 24B0
3 12 4C0

3 6 12D0
6 22 8114 4C0

3
6H0

3 18− 18 2F0
3 6 6K0

118F0
1 3I0

2 61312313 2F0
3 3D0

3 24C0
3 24 2C0

3 3 24B0
112G0

2 8218 4G0
324A0

324B0
3

9E0
23G0

6 12I0
6

6I0
3 18 6D0

3 6 633321 63 6B0
36D0

3 24D0
3 24 4B0

3 6 12O0
6 24 822214 8C0

312I0
324A0

3
24E0

3 24 4B0
3 6 12N0

6 24 822214 8C0
312H0

324A0
3

7A0
3 21 + 3 8 7A0

3 8 1C0
21 6222 7111 1A0

3
7B0

3 24 7A0
3 8 7B0

21 28 7313 7A0
3 1A0

5 5+ 1 1A0
5 1 23 11

1B0
5 5− 2 1A0

5 1 5B0
1 22 12 1A0

5
8A0

3 8 4A0
3 4 6224 81 4A0

3
8B0

3 8 4A0
3 4 6224 81 4A0

3 2A0
5 2 1A0

5 1 24 21 1A0
5

8C0
3 12 4B0

3 6 4I0
6 24 812112 4B0

3 2B0
5 10 + 5 3 2B0

5 3 1B0
10 23 2111 1A0

5
8D0

3 12 4D0
3 6 4J0

6 26 8122 4D0
3 2C0

5 10− 6 2B0
5 3 10C0

15D0
21E0

10 22 2212 1B0
52B0

5
8E0

3 16 4A0
3 4 6424 82 4F0

3 8A0
38B0

3 2D0
5 6 2B0

5 3 2G0
10 24 23 2A0

52B0
5

8F0
3 24 2C0

3 3 4M0
6 28 8224 4I0

38C0
38D0

3
3A0

5 3 3A0
5 3 25 31 1A0

5
9A0

3 9 3B0
3 3 3324 91 3B0

3 3B0
5 15 + 5 4 3B0

5 4 1B0
15 24 3111 1A0

5
9B0

3 9 3B0
3 3 6323 91 3B0

3 3C0
5 6 1A0

5 1 15C0
1 26 32 1B0

53A0
5

9C0
3 9 9C0

3 9 24 33 3A0
3 3D0

5 6 3A0
5 3 26 32 3A0

5
9D0

3 9 9D0
3 9 613121 33 3B0

3
9E0

3 18 3B0
3 3 9J0

1 33 36 3C0
39D0

3 4A0
5 4 4A0

5 4 26 41 1A0
5

9F0
3 18 3D0

3 6 9H0
19I0

1 3513 3D0
3 4B0

5 6 2B0
5 3 2G0

10 24 4112 2B0
5

9G0
3 18 3D0

3 6 9H0
127A0

1 913116 3D0
3 4C0

5 6 2B0
5 3 2D0

10 26 4121 2B0
5

9H0
3 27 9D0

3 9 24 39 3E0
39C0

39D0
3 4D0

5 8 4A0
5 4 28 42 2A0

54A0
5

4E0
5 12 2B0

5 3 2I0
10 28 4222 2D0

54B0
54C0

5
10A0

3 10 5A0
3 5 3226 101 2A0

35A0
3

5A0
5 2 1A0

5 1 22 12 1A0
5

12A0
3 4 2A0

3 2 3222 41 2A0
3 5B0

5 2 1A0
5 1 22 12 1A0

5
12B0

3 4 2B0
3 2 6231 41 2B0

3 5C0
5 4 1A0

5 1 5D0
1 14 1B0

55A0
55B0

5
12C0

3 8 1A0
3 1 12B0

1 34 42 2D0
312A0

312B0
3 5D0

5 5 5D0
5 5 27 51 1A0

5
12D0

3 12 2B0
3 2 66 121 6B0

312B0
3 5E0

5 5 5E0
5 5 27 51 1A0

5
12E0

3 12 4A0
3 4 210 121 3A0

34A0
3 5F0

5 10 1A0
5 1 210 52 5B0

55E0
5

12F0
3 12 2G0

3 6 12D0
6 22 4124 2G0

3 5G0
5 10 1A0

5 1 210 52 5A0
55D0

5
12G0

3 12 2E0
3 6 12A0

612B0
6 22 4124 2E0

3 5H0
5 25− 10 5H0

5 10 5G0
125A0

1 22 5115 1B0
5

12C0
6 5I0

5 20 1B0
5 2 5H0

125B0
1 52110 5C0

55H0
5

12H0
3 12 4B0

3 6 12A0
6 22 422112 4B0

3
12I0

3 12 4B0
3 6 12B0

6 22 422112 4B0
3 6A0

5 6 3A0
5 3 28 61 3A0

5
12J0

3 12 6C0
3 6 3622 121 6C0

312A0
3 6B0

5 8 3B0
5 4 2D0

15 28 6121 2A0
53B0

5
12K0

3 12 6D0
3 6 6235 121 6D0

312B0
3

12L0
3 16 4E0

3 8 3224 44 4E0
312A0

3 8A0
5 12 2B0

5 3 4D0
10 212 8141 4C0

5
12M0

3 16 4F0
3 8 623122 44 4F0

3 12B0
3

12N0
3 18 2C0

3 3 6F0
6 212 12161 4D0

36E0
3 10A0

5 2 1A0
5 1 24 21 1A0

5
12O0

3 24 1A0
3 1 36A0

1 312 122 6F0
3 12C0

312J0
3 10B0

5 2 1A0
5 1 24 21 1A0

5
12K0

3 10C0
5 4 1A0

5 1 24 22 2A0
55A0

510B0
5

12P0
3 24 2C0

3 3 12I0
112G0

2 4228 2H0
312F0

3 12G0
3 10D0

5 4 1A0
5 1 10B0

1 24 22 1B0
510A0

510B0
5

12H0
212I0

6 10E0
5 4 1A0

5 1 24 22 2A0
55B0

510A0
5

12J0
6 10F0

5 6 2B0
5 3 5A0

10 22 2212 2B0
55A0

5
12Q0

3 24 4B0
3 6 12J0

112H0
2 442214 4G0

312H0
312I0

3 10G0
5 6 2B0

5 3 5A0
10 22 2212 2B0

55B0
5

12J0
6 10H0

5 6 2B0
5 3 10B0

10 24 23 2B0
510A0

5
12R0

3 24 4B0
3 6 12M0

6 24 4424 4I0
312H0

312I0
3 10I0

5 6 2B0
5 3 10A0

10 24 23 2B0
510B0

5
12S0

3 24 2E0
3 6 12M0

6 12N0
6 24 4424 4H0

312G0
3 10J0

5 10 5E0
5 5 212 101 2A0

55E0
5

12O0
6 10K0

5 10 5E0
5 5 212 101 5E0

510A0
5

10L0
5 10 5D0

5 5 212 101 2A0
55D0

5
15A0

3 15 5A0
3 5 212 151 3A0

35A0
3 10M0

5 10 5D0
5 5 212 101 5D0

510B0
5



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

10N0
5 12 2B0

5 3 10F0
1 5G0

25C0
10 2414 2C0

55C0
510F0

5 2M0
6 8 2A0

6 2 6M0
2 24 24 2E0

62I0
62J0

6
10G0

5 2N0
6 8 2A0

6 2 24 24 2D0
62I0

62J0
6

10O0
5 12 2B0

5 3 10F0
10 24 26 2D0

510C0
510F0

5
10I0

5 3A0
6 3 3A0

6 3 25 31 1A0
6

10P0
5 12 2B0

5 3 10E0
10 24 26 2D0

510E0
510G0

5 3B0
6 3 3B0

6 3 25 31 1A0
6

10H0
5 3C0

6 6 1A0
6 1 6E0

3 26 32 1D0
63B0

6
10Q0

5 12 2B0
5 3 10G0

110D0
2 24 26 2C0

510D0
510H0

5 3D0
6 6 1A0

6 1 26 32 1B0
63A0

6
10G0

10 10I0
5 3E0

6 18 + 2 6 3E0
6 6 3H0

29B0
2 22 3113 1C0

6
10R0

5 20 1A0
5 1 220 102 5G0

510C0
510L0

5 3F0
6 9 3F0

6 9 27 33 3A0
63B0

6
10M0

5 3G0
6 18− 12 1C0

6 2 6K0
118F0

1 3I0
2 3216 1E0

63E0
6

10S0
5 20 1A0

5 1 220 102 5F0
5 10E0

510J0
5 9E0

26H0
3

10K0
5

4A0
6 4 2A0

6 2 26 41 2A0
6

15A0
5 6 3A0

5 3 26 32 3A0
5 4B0

6 4 2A0
6 2 26 41 2A0

6
15B0

5 6 3A0
5 3 26 32 3A0

5 4C0
6 4 2B0

6 2 26 41 2B0
6

15C0
5 8 3B0

5 4 5A0
15 24 3212 3B0

55A0
5 4D0

6 4 2C0
6 2 26 41 2C0

6
15D0

5 8 3B0
5 4 5A0

15 24 3212 3B0
55B0

5 4E0
6 8 1A0

6 1 12D0
2 28 42 2E0

64A0
64D0

6
15E0

5 12 3A0
5 3 15D0

1 28 34 3C0
515A0

515B0
5 4F0

6 8 1A0
6 1 28 42 2D0

64B0
64C0

6
15F0

5 12 3D0
5 6 28 34 3D0

5 4G0
6 8 2A0

6 2 28 42 2J0
64A0

64B0
6

15G0
5 16 15D0

5 8 15A0
15 24 3414 15D0

5 4H0
6 8 2A0

6 2 28 42 2I0
64A0

64B0
6

15H0
5 16 15C0

5 8 15A0
15 24 3414 15C0

5 4I0
6 8 2H0

6 4 4H0
38C0

3 24 412112 2H0
6

4J0
6 8 2F0

6 4 4J0
38D0

3 26 4122 2F0
6

20A0
5 6 2B0

5 3 10B0
10 24 4112 2B0

5 4K0
6 8 4D0

6 4 28 42 4D0
6

20B0
5 6 2B0

5 3 10A0
10 24 4112 2B0

5 4L0
6 8 4C0

6 4 28 42 4C0
6

20C0
5 8 4A0

5 4 28 42 4A0
510B0

5 4M0
6 16 1D0

6 2 4K0
38F0

3 28 4224 2L0
64I0

64J0
6

20D0
5 8 4A0

5 4 28 42 4A0
510A0

5
20E0

5 12 2B0
5 3 20A0

110D0
2 24 4214 2C0

520A0
520B0

5 5A0
6 5 5A0

6 5 27 51 1A0
6

10G0
10 5B0

6 10 5B0
6 10 210 52 1A0

6
20F0

5 12 2B0
5 3 10E0

10 24 4214 4B0
510F0

5 20A0
5

20G0
5 12 2B0

5 3 10F0
10 24 4214 4B0

510G0
520B0

5 6A0
6 6 3B0

6 3 28 61 2C0
63B0

6
20H0

5 12 2B0
5 3 10I0

10 28 4222 4C0
510H0

520B0
5 6B0

6 6 3A0
6 3 28 61 2B0

63A0
6

20I0
5 12 2B0

5 3 10I0
10 28 4222 4C0

510I0
520A0

5 6C0
6 6 3A0

6 3 28 61 2A0
63A0

6
6D0

6 6 3B0
6 3 28 61 2B0

63B0
6

30A0
5 6 3A0

5 3 28 61 3A0
510B0

5 6E0
6 12 1A0

6 1 212 62 2D0
63D0

66B0
6

30B0
5 6 3A0

5 3 28 61 3A0
510A0

5 6C0
6

30C0
5 12 1A0

5 1 30A0
1 212 62 3C0

510D0
530A0

5 6F0
6 12 1A0

6 1 12N0
3 212 62 2F0

6 3C0
66A0

6
30B0

5 6D0
6

30D0
5 12 3A0

5 3 212 62 6A0
515B0

530A0
5

30E0
5 12 3A0

5 3 212 62 6A0
515A0

530B0
5 8A0

6 8 4B0
6 4 210 81 4B0

6
8B0

6 8 4A0
6 4 210 81 4A0

6
1A0

6 6+ 1 1A0
6 1 23 11 8C0

6 16 2A0
6 2 216 82 4H0

68A0
68B0

6
1B0

6 6 + 6 2 1A0
6 1 22 12 1A0

6
1C0

6 6 + 2 2 1A0
6 1 3B0

2 22 12 1A0
6 9A0

6 9 9A0
6 9 27 33 3A0

6
1D0

6 6 + 3 2 1A0
6 1 2C0

3 22 12 1A0
6 9B0

6 9 9B0
6 9 27 33 3B0

6
1E0

6 6− 4 1A0
6 1 6F0

1 3F0
2 2F0

3 14 1B0
61C0

61D0
6 9C0

6 18 3E0
6 6 9F0

2 9G0
2 26 3513 3E0

6

2A0
6 2 1A0

6 1 24 21 1A0
6 10A0

6 10 5A0
6 5 212 101 2C0

65A0
6

2B0
6 2 1A0

6 1 24 21 1A0
6

2C0
6 2 1A0

6 1 24 21 1A0
6 12A0

6 8 2H0
6 4 12G0

312H0
3 22 2312 2H0

6
2D0

6 4 1A0
6 1 24 22 1B0

62A0
62B0

6 12B0
6 8 2H0

6 4 12G0
312I0

3 22 2312 2H0
6

2E0
6 4 1A0

6 1 6D0
2 24 22 1C0

62A0
62C0

6 12C0
6 8 2H0

6 4 12G0
324A0

3 22 4114 2H0
6

2F0
6 4 1A0

6 1 4D0
3 24 22 1D0

62B0
62C0

6 12D0
6 8 2G0

6 4 12F0
3 24B0

3 22 4114 2G0
6

2G0
6 4 1D0

6 2 2G0
34C0

3 22 2112 1D0
6 12E0

6 8 2J0
6 4 24 24 2J0

6
2H0

6 12 + 3 4 1D0
6 2 2E0

34B0
3 22 2112 1D0

6 12F0
6 8 2J0

6 4 24 24 2J0
6

2I0
6 4 2A0

6 2 24 22 2A0
6 12G0

6 12 6B0
6 6 214 121 4C0

66B0
6

2J0
6 4 2A0

6 2 24 22 2A0
6 12H0

6 12 6C0
6 6 214 121 4B0

66C0
6

2K0
6 12− 8 1D0

6 2 6I0
112E0

16L0
2 2214 1E0

62G0
62H0

6 12I0
6 16 1D0

6 2 12I0
124B0

1 4218 2K0
612C0

612D0
6

2H0
34G0

3 12G0
212P0

3
2L0

6 8 1D0
6 2 4H0

34I0
3 24 24 2F0

6 2G0
62H0

6 24C0
3



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

12J0
6 16 2H0

6 4 12I0
112J0

1 2614 2K0
612A0

612B0
6 2I0

10 8 1A0
10 1 4E0

5 28 24 2D0
102G0

10
12H0

212P0
3 2H0

10
12Q0

3
12K0

6 16 2J0
6 4 24 28 2N0

6 12E0
612F0

6 3A0
10 3 3A0

10 3 4125 31 1A0
10

12L0
6 16 2J0

6 4 12I0
2 24 28 2M0

6 12E0
612F0

6 3B0
10 6 1A0

10 1 29 32 1C0
103A0

10
12M0

6 16 2H0
6 4 12R0

312S0
3 24 28 2L0

612A0
612B0

6 3C0
10 6 3A0

10 3 4226 32 3A0
10

12N0
6 16 2H0

6 4 12S0
324E0

3 24 422214 4I0
612A0

612C0
6

12O0
6 16 2H0

6 4 12S0
324D0

3 24 422214 4I0
612B0

612C0
6 4A0

10 4 1A0
10 1 28 41 2A0

10
12P0

6 24 1A0
6 1 224 122 4F0

6 6E0
612G0

6 4B0
10 4 2A0

10 2 28 41 2A0
10

12H0
6 4C0

10 4 2C0
10 2 4225 41 2C0

10
4D0

10 8 1A0
10 1 8A0

5 212 42 2D0
104B0

10
1A0

7 7+ 1 1A0
7 1 3122 11 4C0

10
1B0

7 7− 2 1A0
7 1 7C0

1 32 12 1A0
7 4E0

10 8 2A0
10 2 212 42 2H0

104A0
10

4B0
10

2A0
7 2 1A0

7 1 3222 21 1A0
7

2B0
7 2 1A0

7 1 3222 21 1A0
7 5A0

10 4 1B0
10 2 10F0

5 10G0
5 22 14 1B0

10
2C0

7 14 + 7 3 2C0
7 3 1B0

14 24 2111 1A0
7 5B0

10 4 1C0
10 2 22 14 1C0

10
2D0

7 4 1A0
7 1 14C0

1 34 22 1B0
72A0

72B0
7 5C0

10 8 1A0
10 1 10F0

1 5G0
210N0

5 18 1E0
105A0

10
2E0

7 6 1A0
7 1 2D0

14 26 23 2A0
72C0

7 5B0
10

3A0
7 3 1A0

7 1 26 31 1A0
7 6A0

10 6 3A0
10 3 211 61 2A0

103A0
10

3B0
7 6 3A0

7 3 28 32 3A0
7 6B0

10 6 3A0
10 3 4228 61 2B0

103A0
10

6C0
10 12 1A0

10 1 218 62 2E0
103B0

10
4A0

7 28 + 7 6 2C0
7 3 2D0

14 26 4112 2C0
7 6A0

106B0
10

5A0
7 5 5A0

7 5 3226 51 1A0
7 8A0

10 8 2C0
10 2 4428 81 4C0

10

6A0
7 6 2A0

7 2 3326 61 2A0
7 10A0

10 4 1B0
10 2 10I0

520B0
5 24 2112 1B0

10
6B0

7 9 2C0
7 3 3B0

14 212 6131 2C0
73A0

7 10B0
10 4 1B0

10 2 10H0
520A0

5 24 2112 1B0
10

10C0
10 4 2B0

10 2 4223 22 2B0
10

7A0
7 3 7A0

7 3 22 13 1A0
7 10D0

10 4 2B0
10 2 4223 22 2B0

10
7B0

7 6 1A0
7 1 7G0

1 16 1B0
77A0

7 10E0
10 8 1B0

10 2 10P0
5 20F0

5 24 2214 2G0
105A0

10
10B0

10
14A0

7 6 14A0
7 6 3322 23 2B0

7 10F0
10 8 1B0

10 2 10O0
520G0

5 24 2214 2G0
105A0

10
14B0

7 9 14B0
7 9 7C0

14 24 2313 2C0
77A0

7 10A0
10

14C0
7 12 2B0

7 2 14D0
1 36 26 2D0

714A0
7 10G0

10 8 1B0
10 2 10G0

120A0
1 24 2214 1E0

1010A0
10

10D0
210Q0

5 10B0
10

28A0
7 4 2B0

7 2 3422 41 2B0
7 20E0

5
28B0

7 4 2A0
7 2 3422 41 2A0

7 10H0
10 8 2B0

10 2 28 24 2E0
1010C0

10
28C0

7 8 1A0
7 1 28A0

1 38 42 2D0
728A0

728B0
7 10D0

10
10I0

10 8 1B0
10 2 20H0

520I0
5 28 24 2D0

1010A0
10

1A0
10 10+ 1 1A0

10 1 4122 11 10B0
10

1B0
10 10 + 5 2 1A0

10 1 2B0
5 23 12 1A0

10 10J0
10 8 2B0

10 2 10E0
2 4422 24 2F0

1010C0
10

1C0
10 10 + 10 2 1A0

10 1 23 12 1A0
10 10D0

10
1D0

10 10 + 2 2 1A0
10 1 5B0

2 42 12 1A0
10

1E0
10 10− 4 1A0

10 1 10C0
15D0

22C0
5 22 14 1B0

101C0
10 1A0

11 11+ 1 1A0
11 1 24 11

1D0
10

2A0
11 2 1A0

11 1 26 21 1A0
11

2A0
10 2 1A0

10 1 25 21 1A0
10 2B0

11 22 + 11 3 2B0
11 3 1B0

22 26 2111 1A0
11

2B0
10 2 1A0

10 1 4222 21 1A0
10

2C0
10 2 1A0

10 1 4222 21 1A0
10 3A0

11 33 + 11 4 3A0
11 4 1B0

33 28 3111 1A0
11

2D0
10 4 1A0

10 1 4C0
5 26 22 1B0

102A0
10

2C0
10 4A0

11 4 4A0
11 4 210 41 1A0

11
2E0

10 4 1A0
10 1 26 22 1C0

102A0
10 4B0

11 6 2B0
11 3 2C0

22 212 4121 2B0
11

2B0
10

2F0
10 4 1A0

10 1 10B0
2 44 22 1D0

102B0
10 11A0

11 5 11A0
11 5 24 15 1A0

11
2C0

10
2G0

10 4 1B0
10 2 2D0

54B0
5 24 2112 1B0

10 1A0
13 13+ 1 1A0

13 1 3123 11

2H0
10 4 2A0

10 2 26 22 2A0
10 1B0

13 13− 2 1A0
13 1 13A0

1 3222 12 1A0
13



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

2A0
13 2 1A0

13 1 3224 21 1A0
13 4A0

15 6 2C0
15 3 2D0

30 210 4112 2C0
15

3A0
13 3 1A0

13 1 29 31 1A0
13 5A0

15 4 1B0
15 2 15C0

515D0
5 24 14 1B0

15
5B0

15 4 1C0
15 2 24 14 1C0

15
13A0

13 2 1A0
13 1 3222 12 1A0

13
13B0

13 2 1A0
13 1 3222 12 1A0

13 15A0
15 8 5A0

15 4 15G0
515H0

5 24 18 5A0
15

13C0
13 3 13C0

13 3 25 13 1A0
13 15B0

15 8 5B0
15 4 24 18 5B0

15
13D0

13 4 1A0
13 1 13B0

1 34 14 1B0
1313A0

13
13B0

13 1A0
17 17+ 1 1A0

17 1 25 11

13E0
13 6 1A0

13 1 13C0
1 26 16 1B0

1313C0
13

2A0
17 2 1A0

17 1 28 21 1A0
17

26A0
13 2 1A0

13 1 3224 21 1A0
13

26B0
13 2 1A0

13 1 3224 21 1A0
13 17A0

17 2 1A0
17 1 26 12 1A0

17
26C0

13 4 1A0
13 1 26A0

1 3424 22 1B0
1326A0

13 17B0
17 2 1A0

17 1 26 12 1A0
17

26B0
13 17C0

17 4 17B0
17 2 28 14 17B0

17
26D0

13 4 1A0
13 1 3424 22 2A0

1313A0
13 17D0

17 4 17A0
17 2 28 14 17A0

17
26B0

13
26E0

13 4 1A0
13 1 3424 22 2A0

1313B0
13 1A0

19 19+ 1 1A0
19 1 3124 11

26A0
13

2A0
19 2 1A0

19 1 3226 21 1A0
19

1A0
14 14+ 1 1A0

14 1 24 11

1B0
14 14 + 7 2 1A0

14 1 2C0
7 24 12 1A0

14 3A0
19 3 1A0

19 1 212 31 1A0
19

1C0
14 14 + 14 2 1A0

14 1 24 12 1A0
14

19A0
19 3 19A0

19 3 3324 13 1A0
19

2A0
14 2 1A0

14 1 26 21 1A0
14

2B0
14 2 1A0

14 1 26 21 1A0
14 1A0

21 21+ 1 1A0
21 1 6123 11

2C0
14 4 1A0

14 1 28 22 1C0
142A0

14 1B0
21 21 + 21 2 1A0

21 1 3124 12 1A0
21

2B0
14 1C0

21 21 + 3 2 1A0
21 1 7A0

3 6222 12 1A0
21

2D0
14 28 + 7 4 1B0

14 2 2E0
74A0

7 26 2112 1B0
14

2E0
14 4 2B0

14 2 28 22 2B0
14 2A0

21 2 1A0
21 1 3126 21 1A0

21
2B0

21 2 1A0
21 1 6224 21 1A0

21
3A0

14 3 3A0
14 3 28 31 1A0

14 2C0
21 4 1A0

21 1 3228 22 1B0
212A0

21
3B0

14 6 1A0
14 1 6B0

7 212 32 1B0
143A0

14 2B0
21

3C0
14 6 3A0

14 3 212 32 3A0
14

3A0
21 3 1A0

21 1 210 31 1A0
21

4A0
14 4 2B0

14 2 210 41 2B0
14

4B0
14 4 2A0

14 2 210 41 2A0
14 6A0

21 6 1A0
21 1 218 61 2A0

213A0
21

4C0
14 8 1A0

14 1 216 42 2C0
144A0

14
4B0

14 7A0
21 3 7A0

21 3 26 13 1A0
21

7B0
21 6 1A0

21 1 7B0
3 28 16 1C0

217A0
21

7A0
14 3 7A0

14 3 24 13 1A0
14

7B0
14 6 7A0

14 3 24 16 1C0
147A0

14 21A0
21 4 1B0

21 2 3224 14 1B0
21

7C0
14 6 7A0

14 3 14B0
7 24 16 1B0

147A0
14 21B0

21 4 1C0
21 2 21A0

321B0
3 623122 14 1C0

21

1A0
15 15+ 1 1A0

15 1 24 11 1A0
22 22+ 1 1A0

22 1 25 11

1B0
15 15 + 5 2 1A0

15 1 3B0
5 24 12 1A0

15 1B0
22 22 + 11 2 1A0

22 1 2B0
11 26 12 1A0

22
1C0

15 15 + 15 2 1A0
15 1 24 12 1A0

15
2A0

22 2 1A0
22 1 28 21 1A0

22
2A0

15 2 1A0
15 1 26 21 1A0

15 2B0
22 2 1A0

22 1 28 21 1A0
22

2B0
15 2 1A0

15 1 26 21 1A0
15 2C0

22 4 1A0
22 1 4B0

11 212 22 1B0
222A0

22
2C0

15 30 + 3, 5, 15 3 2C0
15 3 1E0

30 26 2111 1A0
15 2B0

22
2D0

15 4 1A0
15 1 6B0

5 28 22 1B0
152A0

15
2B0

15 11A0
22 5 11A0

22 5 29 15 1A0
22

2E0
15 30 + 15 6 2C0

15 3 1F0
30 28 2212 1C0

152C0
15

2F0
15 6 2C0

15 3 2D0
30 210 23 2B0

152C0
15 1A0

23 23+ 1 1A0
23 1 26 11

3A0
15 3 3A0

15 3 28 31 1A0
15 2A0

23 46 + 23 3 2A0
23 3 1B0

46 212 2111 1A0
23

3B0
15 6 1A0

15 1 212 32 1C0
153A0

15
1A0

26 26+ 1 1A0
26 1 4124 11



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

1B0
26 26 + 26 2 1A0

26 1 27 12 1A0
26 1A0

38 38+ 1 1A0
38 1 27 11

2A0
26 2 1A0

26 1 29 21 1A0
26 2A0

38 2 1A0
38 1 212 21 1A0

38
2B0

26 2 1A0
26 1 4226 21 1A0

26
2C0

26 4 1A0
26 1 214 22 1B0

262A0
26 1A0

39 39+ 1 1A0
39 1 6125 11

2B0
26 1B0

39 39 + 39 2 1A0
39 1 3128 12 1A0

39

4A0
26 4 1A0

26 1 216 41 2A0
26 3A0

39 3 1A0
39 1 216 31 1A0

39

13A0
26 3 13A0

26 3 4324 13 1A0
26 13A0

39 2 1A0
39 1 6226 12 1A0

39
13B0

39 2 1A0
39 1 6226 12 1A0

39
1A0

29 29+ 1 1A0
29 1 27 11

1A0
41 41+ 1 1A0

41 1 29 11

2A0
29 2 1A0

29 1 212 21 1A0
29

2A0
41 2 1A0

41 1 216 21 1A0
41

1A0
30 30+ 1 1A0

30 1 25 11

1B0
30 30 + 5, 6, 30 2 1A0

30 1 26 12 1A0
30 1A0

42 42+ 1 1A0
42 1 26 11

1C0
30 30 + 6, 10, 15 2 1A0

30 1 26 12 1A0
30 1B0

42 42 + 6, 14, 21 2 1A0
42 1 28 12 1A0

42
1D0

30 30 + 2, 15, 30 2 1A0
30 1 26 12 1A0

30 1C0
42 42 + 3, 14, 42 2 1A0

42 1 28 12 1A0
42

1E0
30 30 + 3, 5, 15 2 1A0

30 1 2C0
15 26 12 1A0

30
1F0

30 30 + 15 4 1A0
30 1 2E0

15 28 14 1C0
301D0

30 2A0
42 2 1A0

42 1 210 21 1A0
42

1E0
30 2B0

42 2 1A0
42 1 210 21 1A0

42
2C0

42 4 1A0
42 1 216 22 1B0

422A0
42

2A0
30 2 1A0

30 1 28 21 1A0
30 2B0

42
2B0

30 2 1A0
30 1 28 21 1A0

30
2C0

30 4 1A0
30 1 212 22 1B0

302A0
30 7A0

42 3 7A0
42 3 210 13 1A0

42
2B0

30
2D0

30 4 1E0
30 2 2F0

154A0
15 210 2112 1E0

30 1A0
46 46+ 1 1A0

46 1 28 11

2E0
30 4 2A0

30 2 212 22 2A0
30 1B0

46 46 + 23 2 1A0
46 1 2A0

23 212 12 1A0
46

3A0
30 3 3A0

30 3 211 31 1A0
30 1A0

47 47+ 1 1A0
47 1 210 11

3B0
30 6 1A0

30 1 218 32 1C0
303A0

30
1A0

51 51+ 1 1A0
51 1 28 11

5A0
30 4 1C0

30 2 28 14 1C0
30

5B0
30 4 1B0

30 2 28 14 1B0
30 2A0

51 2 1A0
51 1 214 21 1A0

51

1A0
31 31+ 1 1A0

31 1 3126 11 1A0
55 55+ 1 1A0

55 1 28 11

3A0
31 3 1A0

31 1 218 31 1A0
31 5A0

55 2 1A0
55 1 212 12 1A0

55
5B0

55 2 1A0
55 1 212 12 1A0

55
1A0

33 33+ 1 1A0
33 1 26 11

1B0
33 33 + 11 2 1A0

33 1 3A0
11 28 12 1A0

33 1A0
59 59+ 1 1A0

59 1 212 11

2A0
33 2 1A0

33 1 210 21 1A0
33 1A0

62 62+ 1 1A0
62 1 210 11

1A0
34 34+ 1 1A0

34 1 4125 11 1A0
66 66+ 1 1A0

66 1 28 11

1B0
66 66 + 6, 11, 66 2 1A0

66 1 212 12 1A0
66

2A0
34 2 1A0

34 1 211 21 1A0
34

2A0
66 2 1A0

66 1 214 21 1A0
66

17A0
34 2 1A0

34 1 4226 12 1A0
34

17B0
34 2 1A0

34 1 4226 12 1A0
34 1A0

69 69+ 1 1A0
69 1 210 11

1A0
35 35+ 1 1A0

35 1 26 11 1A0
70 70+ 1 1A0

70 1 28 11

1B0
35 35 + 35 2 1A0

35 1 28 12 1A0
35 1B0

70 70 + 10, 14, 35 2 1A0
70 1 212 12 1A0

70

2A0
35 2 1A0

35 1 210 21 1A0
35 2A0

70 2 1A0
70 1 214 21 1A0

70

7A0
35 3 7A0

35 3 210 13 1A0
35 1A0

71 71+ 1 1A0
71 1 214 11



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

1A0
78 78+ 1 1A0

78 1 29 11 10A1
1 12 5B0

1 6 2B1
5 10121 2A0

15B0
1

1B0
78 78 + 6, 26, 39 2 1A0

78 1 214 12 1A0
78 10B1

1 15 10B1
1 15 5A1

2 21 10151 2B0
15A0

1
10C1

1 20 5C0
1 10 32 102 2A0

15C0
1

1A0
87 87+ 1 1A0

87 1 212 11 10D1
1 24 5B0

1 6 10C1
5 10222 5D0

110B0
110A1

1
10E1

1 30 5E0
1 15 24 103 5E0

1
1A0

94 94+ 1 1A0
94 1 214 11 10F1

1 30 10F1
1 30 5C1

2 22 10252 2B0
15C0

1
10G1

1 36 5B0
1 6 10F1

2 2D1
52H1

10 10323 2C0
110C0

110A1
1

1A0
95 95+ 1 1A0

95 1 212 11 10H1
1 40 5C0

1 10 34 104 5F0
1 10A0

110D0
1

10C1
1

1A0
105 105+ 1 1A0

105 1 210 11 10I1
1 45 10B1

1 15 5D1
2 23 10353 5E0

110B1
1

10J1
1 60 10J1

1 60 3324 106 10D0
1

1A0
110 110+ 1 1A0

110 1 211 11 10K1
1 72 5B0

1 6 10L1
210F1

5 10626 10F0
1 10G0

1
10L1

10 10D1
110G1

1
1A0

119 119+ 1 1A0
119 1 214 11

11A1
1 11− 12 11A1

1 12 1A1
11 11111 1A0

1
6A1

1 6 1A0
1 1 61 2A0

13A0
1 11B1

1 55 11B1
1 55 3127 115 1A0

1
6B1

1 12 3A0
1 3 62 3C0

16B0
16A1

1 11C1
1 55 11C1

1 55 3423 115 11A0
111B0

1
6C1

1 18 1A0
1 1 6C1

2 63 2C0
16A0

16D0
1 11D1

1 60 11A1
1 12 11A1

11 11515 11A1
1

6A1
1

6D1
1 24 1A0

1 1 6D1
3 64 3D0

16C0
16E0

1 12A1
1 16 12A1

1 16 4B1
3 31 12141 3B0

14A0
1

6B1
1 12B1

1 18 2B0
1 3 6C1

2 12132 4B0
16D0

1
6E1

1 36 3A0
1 3 6M1

2 66 6G0
16H0

16B1
1 12C1

1 18 6D0
1 9 6E1

2 22 12161 6D0
1

6C1
1 12D1

1 24 3C0
1 6 24 122 6E0

1
6F1

1 72 1A0
1 1 6Q1

26K1
36I1

6 612 6I0
16J0

16K0
1 12E1

1 24 4D0
1 8 33 122 4D0

16A0
1

6L0
16D1

16E1
1 12F1

1 24 6F0
1 12 6I1

24C1
32G1

6 121614121 4C0
16F0

1
12G1

1 24 12A0
1 12 24 122 3C0

112A0
1

7A1
1 42 7F0

1 21 22 76 7F0
1 12H1

1 24 12H1
1 24 33 122 6A0

1
7B1

1 56 7H0
1 28 7A1

7 32 78 7C0
17D0

17E0
1 12I1

1 32 12A1
1 16 4G1

3 32 12242 4D0
16C0

112A1
1

7H0
1 12J1

1 36 4C0
1 6 12H1

2 26 123 4F0
1 12A0

112C0
1

7C1
1 84 7F0

1 21 24 712 7H0
17I0

17J0
1 12K1

1 36 6D0
1 9 6M1

2 12234 6G0
112D0

112B1
1

7A1
1 12L1

1 36 6D0
1 9 6L1

2 24 12262 6H0
112D0

112C1
1

12M1
1 36 6D0

1 9 6K1
2 24 12262 6G0

112C0
112C1

1
8A1

1 12 2B0
1 3 4B1

2 8141 4C0
1 12N1

1 36 6D0
1 9 6J1

2 24 12262 6H0
112D0

112C1
1

8B1
1 24 2B0

1 3 4D1
28H1

2 8242 4E0
18C0

18A1
1 12O1

1 36 12C0
1 18 12N1

2 26 123 12C0
1

8C1
1 24 4C0

1 6 4E1
2 8242 4F0

1 8E0
18A1

1 12P1
1 48 6C0

1 8 12K1
3 36 124 6J0

112B0
1

8D1
1 24 4F0

1 12 8T1
2 22 83 4F0

1 8A0
18B0

1 12Q1
1 48 6F0

1 12 6P1
2 12V 1

2 4H1
3 122624222 4E0

16I0
112E0

1
8E1

1 32 8G0
1 16 32 84 4D0

18G0
1 2H1

64U1
6 12F1

1
8F1

1 48 2B0
1 3 4F1

2 8X1
2 8444 4G0

18H0
18I0

1 12R1
1 48 12A0

1 12 28 124 6E0
112F0

1 12G1
1

8B1
18C1

1 12S1
1 64 12A1

1 16 12O1
3 34 12444 12B0

112I1
1

8G1
1 48 4C0

1 6 8V 1
2 8AC1

2 8444 8J0
18M0

1 8B1
1 12T1

1 72 2B0
1 3 6Q1

212P1
3 6I1

6 12438 6K0
112E0

112G0
1

8H1
1 48 4F0

1 12 8AE1
2 24 86 8I0

18L0
18D1

1 12K1
1

8I1
1 48 8E0

1 12 8AD1
2 24 86 8G0

18I0
1 12U1

1 72 6D0
1 9 6R1

2 28 12464 6L0
112G0

112H0
1

8J1
1 64 8G0

1 16 34 88 8F0
1 8N0

1 8O0
1 12L1

112M1
1

8E1
1 12N1

1
8K1

1 96 2B0
1 3 8AH1

28AI1
2 8848 8P0

1 8Q0
18R0

1 12V 1
1 72 6G0

1 18 12Y 1
2 24 12268 6L0

1
8F1

1 8G1
1 12W1

1 96 6F0
1 12 12AC1

212AD1
2 124644424 12I0

112J0
1

12T1
3 12U1

6 12Q1
1

9A1
1 12 3B0

1 4 3A1
3 9131 3B0

1 12V 1
6

9B1
1 18 9A0

1 9 22 92 3C0
19A0

1
9C1

1 18 9A0
1 9 22 92 3C0

19A0
1 14A1

1 14 7B0
1 7 32 141 2A0

17B0
1

9D1
1 36 3B0

1 4 3B1
39D1

3 9333 3D0
19B0

19C0
1 14B1

1 14 7A0
1 7 32 141 2A0

17A0
1

9A1
1 14C1

1 21 14C1
1 21 7E1

2 23 14171 2B0
17B0

1
9E1

1 36 9A1
1 12 9B1

3 9333 9A1
1 14D1

1 21 14D1
1 21 7B1

2 23 14171 2B0
17A0

1
9F1

1 54 9A0
1 9 26 96 9D0

19F0
1 9B1

1 14E1
1 14− 24 14E1

1 24 7F1
2 2A1

71B1
14 141712111 2B0

17C0
1

9G1
1 54 9A0

1 9 26 96 9D0
19F0

1 9C1
1 14F1

1 28 7A0
1 7 34 142 7E0

114B0
114B1

1
9H1

1 54 9E0
1 18 26 96 9D0

19E0
1 14G1

1 28 7B0
1 7 34 142 7D0

114A0
114A1

1
9I1

1 81 9G0
1 27 29 99 9F0

1 9G0
1 14H1

1 42 7F0
1 21 28 143 7F0

1
9J1

1 108 3B0
1 4 9H1

39I1
3 9939 9H0

19I0
19J0

1 14I1
1 42 14I1

1 42 3324 143 14A0
1

9D1
19E1

1 14J1
1 42 14J1

1 42 3324 143 14B0
1



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

14K1
1 56 7H0

1 28 3228 144 7H0
114A0

1 19A1
1 19− 20 19A1

1 20 1A1
19 32 19111 1A0

1
14B0

1 19B1
1 60 19A1

1 20 19A1
19 36 19313 19A1

1
14L1

1 72 14E1
1 24 7N1

2 14C1
7 143732313 7G0

114E1
1

7B1
14 20A1

1 20 20A1
1 20 3222 201 4A0

15A0
1

20B1
1 24 5B0

1 6 20E1
5 24 20141 10B0

1
15A1

1 15 5A0
1 5 23 151 3A0

15A0
1 20C1

1 24 5B0
1 6 20E1

5 24 20141 10B0
1

15B1
1 20 15B1

1 20 5B1
3 32 15151 3B0

15A0
1 20D1

1 24 20D1
1 24 4C1

5 24 20141 4A0
15B0

1
15C1

1 15− 24 15C1
1 24 5C1

33B1
5 151513111 3B0

15B0
1 20E1

1 20− 36 10C0
1 18 10F1

2 4D1
5 201524112 4B0

110C0
1

1B1
15 2H1

10
15D1

1 30 5C0
1 10 26 152 3A0

15C0
1 20F1

1 36 10C0
1 18 10E1

24E1
5 24 2011014121 4C0

110C0
1

15E1
1 36 15C0

1 18 3C1
5 24 15232 3C0

115C0
1 2G1

10
15F1

1 45 5A0
1 5 29 153 5E0

115A0
1 20G1

1 40 5C0
1 10 3424 202 10D0

1
15B0

115A1
1 20H1

1 40 5C0
1 10 3424 202 10D0

1
15G1

1 48 15C1
1 24 5F1

3 15E1
5 152523212 5D0

115C1
1 20I1

1 48 20D1
1 24 20V 1

5 28 20242 10B0
120D1

1
5A1

15 20J1
1 72 10C0

1 18 10L1
220W1

5 202544214 10F0
1 20A0

1
15H1

1 72 15C0
1 18 15F1

5 28 15434 15D0
115E1

1 10L1
10 20E1

1
15I1

1 96 15C1
1 24 15D1

315I1
5 154543414 15G1

1 20K1
1 72 10C0

1 18 20H1
220AA1

5 24 2011044124 10G0
1

15A1
15 20L1

10
20L1

1 72 10C0
1 18 20G1

220AA1
5 24 2011044124 10G0

1
16A1

1 24 4B0
1 6 8H1

2 1614122 8D0
1 20L1

10
16B1

1 24 4C0
1 6 8G1

2 24 16181 8C0
1 20M1

1 72 10C0
1 18 10K1

220Y 1
5 28 2021024222 10G0

120A0
1

16C1
1 24 8E0

1 12 8T1
2 22 16142 8E0

1 10K1
10 20F1

1
16D1

1 24 8C0
1 12 8N1

2 24 16181 8C0
1

16E1
1 48 4B0

1 6 8X1
216I1

2 1624224 8H0
116D0

1 21A1
1 24 7C0

1 8 21A1
7 33 21131 7C0

1
16A1

1 21B1
1 24 7C0

1 8 21A1
7 33 21131 7C0

1
16F1

1 48 4C0
1 6 8W1

2 28 16282 8I0
116C0

1 21C1
1 21− 32 21C1

1 32 7A1
33C1

7 32 211713111 3B0
17C0

1
16B1

1 1B1
21

16G1
1 48 8D0

1 12 8AC1
2 1624224 8K0

116E0
1 21D1

1 42 7D0
1 14 3326 212 7D0

1
16A1

1 21E1
1 42 7E0

1 14 3326 212 7E0
1

16H1
1 48 4F0

1 12 8AD1
2 24 16244 8I0

1 21F1
1 42 21B0

1 21 210 212 21B0
1

16I1
1 48 8E0

1 12 8AE1
2 24 16244 8I0

116F0
1 21G1

1 42 21A0
1 21 210 212 21A0

1
16C1

1 21H1
1 63 7F0

1 21 215 213 7F0
1 21A0

1
16J1

1 48 8C0
1 12 8AB1

2 28 16282 8M0
1 16C0

1 21B0
1

16D1
1 21I1

1 64 21C1
1 32 21C1

321C1
7 34 212723212 21C1

1
16K1

1 48 8L0
1 24 16Q1

2 22 1618244 8L0
1 21B1

21
16L1

1 48 8L0
1 24 16R1

2 22 1618244 8L0
1

16M1
1 96 4B0

1 6 8AI1
216W1

2 1644428 8Q0
116H0

1 22A1
1 22 11A0

1 11 34 221 2A0
111A0

1
16I0

116E1
1 22B1

1 22 11B0
1 11 34 221 2A0

111B0
1

16G1
1

24A1
1 24 4A0

1 4 26 241 8B0
112A0

1
17A1

1 17− 18 17A1
1 18 1A1

17 22 17111 1A0
1 24B1

1 24 4A0
1 4 26 241 8A0

112A0
1

17B1
1 36 17A1

1 18 17A1
17 24 17212 17A1

1 24C1
1 24 12A0

1 12 26 241 12A0
1

17C1
1 72 17A1

1 18 17B1
17 28 17414 17B1

1 24D1
1 24 12A0

1 12 26 241 12A0
1

24E1
1 36 4C0

1 6 12H1
2 26 24162 8E0

112C0
1

18A1
1 18 9A0

1 9 24 181 6B0
19A0

1 24F1
1 36 6D0

1 9 12F1
2 28 241121 12C0

1
18B1

1 18 18B1
1 18 24 181 6B0

1 24G1
1 36 12C0

1 18 12N1
2 26 24162 12C0

1
18C1

1 24 3B0
1 4 6D1

3 18123 6C0
19B0

1 24H1
1 48 8G0

1 16 212 242 8G0
112A0

1
18D1

1 24 6C0
1 8 6E1

3 33 18161 6C0
1 24I1

1 24− 48 12E0
1 24 12V 1

2 8J1
3 2418161322112 8D0

112E0
1

18E1
1 27 18E1

1 27 9D1
2 25 18191 6D0

19A0
1 4U1

6
18F1

1 36 9E0
1 18 24 18163 6E0

19E0
1 24J1

1 72 6D0
1 9 12X1

2 216 242122 12H0
124A0

1
18G1

1 36 18G1
1 36 24 18163 6E0

1 24F1
1

18H1
1 54 9F0

1 27 212 183 9F0
1 18A0

1 24K1
1 72 6G0

1 18 12Y 1
2 24 24238 12G0

1
18B0

1 24L1
1 96 12E0

1 24 12AD1
224O1

3 2428262342214 12J0
124B0

1
18I1

1 54 18I1
1 54 9I1

2 22 181916333 6G0
19E0

1 12V 1
6 24I1

1
18J1

1 72 3B0
1 4 18F1

2 6K1
3 18329 6I0

118D0
1

6I1
6 18F0

1 18C1
1 26A1

1 28 13A0
1 14 2C1

13 34 26121 2A0
113A0

1
18K1

1 72 6C0
1 8 6L1

3 39 18363 6J0
118C0

1 26B1
1 56 13A0

1 14 26F1
13 38 26222 13B0

126A0
1

18D0
118D1

1 26A1
1



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

27A1
1 27− 36 9B0

1 12 9D1
3 2713213 9B0

1 5E1
2 30 5E0

2 15 5A1
10 42 56 5B0

25E0
2

27B1
1 36 9C0

1 12 9C1
3 36 27191 9C0

1 5F1
2 60 5C0

2 10 26 512 5F0
2 5H0

25B1
2

27C1
1 108 9B0

1 12 9I1
3 2733619 9I0

127A0
127A1

1
6A1

2 6 3A0
2 3 21 61 3A0

2
28A1

1 28 28A1
1 28 3126 281 4A0

17A0
1 6B1

2 8 3B0
2 4 2B1

6 6121 2B0
23B0

2
28B1

1 28 28B1
1 28 3126 281 4A0

17B0
1 6C1

2 12 1B0
2 2 6C1

112B1
1 6132 2D0

23C0
2

6D1
2 12 3A0

2 3 22 62 3E0
26A0

26A1
2

30A1
1 30 5A0

1 5 36 301 10A0
115A0

1 6E1
2 12 3A0

2 3 12C1
1 22 62 3C0

26B0
26A1

2
30B1

1 30 5A0
1 5 36 301 10A0

115B0
1 6F1

2 12 3A0
2 3 22 62 3D0

26C0
26A1

2
30C1

1 30 10A0
1 10 36 301 6A0

110A0
1 6G1

2 12 3D0
2 6 22 62 3D0

2
30D1

1 36 15C0
1 18 6E1

5 28 30161 6B0
115C0

1 6H1
2 12 6A0

2 6 22 62 2E0
26A0

2
30E1

1 72 15C0
1 18 30K1

5 216 30262 15D0
130A0

1 6I1
2 16 3B0

2 4 12F1
1 4C1

32G1
6 6222 2C0

23F0
2 6D0

2
30D1

1 6B1
2

6J1
2 24 3A0

2 3 12N1
1 24 64 6H0

26J0
26E1

2
32A1

1 32− 48 8D0
1 12 16I1

2 321812214 16D0
1 6K1

2 24 3A0
2 3 12M1

1 24 64 3G0
26E0

26F0
2

32B1
1 48 8C0

1 12 16G1
2 212 321161 16C0

1 6G0
26D1

26E1
2

32C1
1 48 16F0

1 24 16Q1
2 22 3214224 16F0

1 6F1
2

32D1
1 48 16F0

1 24 16R1
2 22 3214224 16F0

1 6L1
2 24 3A0

2 3 12L1
1 24 64 6H0

26K0
26E1

2
32E1

1 96 8D0
1 12 16W1

2 322822418 16I0
132A0

1 6M1
2 24 3C0

2 6 6E1
112K1

1 6234 3G0
26H0

26C1
2

32A1
1 6N1

2 24 6A0
2 6 24 64 6F0

2 6I0
26H1

2
6O1

2 24 3D0
2 6 6E1

6 24 64 3H0
26D0

26F0
2

33A1
1 33 11A0

1 11 29 331 3A0
111A0

1 6G1
2

33B1
1 33 11B0

1 11 29 331 3A0
111B0

1 6P1
2 32 3B0

2 4 12Q1
14H1

32H1
6 6424 2F0

2 6L0
26M0

2
6I1

2
36A1

1 36 36A1
1 36 210 361 9A0

112A0
1 6Q1

2 48 1B0
2 2 6F1

1 12T1
1 6K1

3 6438 3I0
26L0

26O0
2

36B1
1 48 6C0

1 8 12K1
3 36 36143 12B0

118D0
1 12P1

3 6I1
6 6M1

2
36C1

1 36− 72 6F0
1 12 18F1

2 12P1
3 6I1

6 361924316 12E0
118F0

1 6R1
2 48 3A0

2 3 12U1
1 28 68 6N0

2 6O0
26P0

2
6Q0

26J1
26K1

2
39A1

1 42 13A0
1 14 39A1

13 3326 39131 13A0
1 6L1

2
39B1

1 42 13A0
1 14 39A1

13 3326 39131 13A0
1

7A1
2 14 + 2 8 7A1

2 8 1A1
14 7111 1A0

2
40A1

1 72 10C0
1 18 20G1

240G1
5 24 401815414 20A0

1 7B1
2 14 7B0

2 7 14D1
1 23 72 1B0

27B0
2

20L1
10 7C1

2 14 7A0
2 7 23 72 7A0

2
40B1

1 72 10C0
1 18 20H1

240G1
5 24 401815414 20A0

1 7D1
2 14 7B0

2 7 23 72 7B0
2

20L1
10 7E1

2 14 7A0
2 7 14C1

1 23 72 1B0
27A0

2
7F1

2 14− 16 7A1
2 8 14E1

12A1
71B1

14 7212 1B0
27A1

2
42A1

1 42 7A0
1 7 212 421 14B0

121B0
1 7G1

2 24 7A1
2 8 7A1

14 7313 7A1
2

42B1
1 42 7B0

1 7 212 421 14A0
121A0

1 7H1
2 28 7H1

2 28 26 74 7A0
27B0

2
42C1

1 42 21B0
1 21 212 421 6B0

121B0
1 7I1

2 42 7A0
2 7 29 76 7E0

27C1
2

42D1
1 42 21A0

1 21 212 421 6B0
121A0

1 7J1
2 42 7B0

2 7 29 76 7E0
27D1

2
7K1

2 42 7E0
2 21 29 76 7E0

2
49A1

1 49− 56 49A1
1 56 7A1

7 32 49117 7C0
1 7L1

2 42 7E0
2 21 4226 76 7D0

27E0
2

7M1
2 42 7E0

2 21 4226 76 7C0
27E0

2
52A1

1 56 13A0
1 14 52B1

13 3824 52141 26A0
1 7N1

2 48 7A1
2 8 14L1

114C1
7 7616 7F1

2 7G1
2

52B1
1 56 13A0

1 14 52B1
13 3824 52141 26A0

1 7B1
14

4A1
2 4 1A0

2 1 41 2A0
2 8A1

2 8 2B0
2 2 22 81 4C0

2
4B1

2 8 1A0
2 1 8A1

1 42 2C0
24A0

24A1
2 8B1

2 8 4A0
2 4 22 81 4A0

2
4C1

2 8 2A0
2 2 42 2E0

24B0
24A1

2 8C1
2 8 4B0

2 4 22 81 4B0
2

4D1
2 16 1A0

2 1 8B1
1 44 2F0

2 4D0
24E0

2 8D1
2 8 4B0

2 4 22 81 4B0
2

4B1
24C1

2 8E1
2 16 2A0

2 2 44 8B0
28E0

24C1
2

4E1
2 16 2A0

2 2 8C1
1 44 4G0

24H0
24B1

2 8F1
2 16 2A0

2 2 44 8C0
28D0

24C1
2

4F1
2 32 1A0

2 1 8F1
1 48 4J0

24K0
24L0

2 8G1
2 16 2B0

2 2 16B1
1 24 82 4D0

28A0
28A1

2
4D1

24E1
2 8H1

2 16 2D0
2 4 8B1

116A1
1 814122 4F0

2
8I1

2 16 4C0
2 4 24 82 4I0

28I0
28A1

2
5A1

2 10 5A0
2 5 10B1

1 21 52 1B0
25A0

2 8J1
2 16 4B0

2 4 24 82 8E0
28H0

28D1
2

5B1
2 20 5C0

2 10 22 54 5C0
2 8K1

2 16 4A0
2 4 24 82 4H0

28G0
28B1

2
5C1

2 20 5C0
2 10 10F1

1 22 54 1B0
25C0

2 8L1
2 16 4A0

2 4 24 82 4H0
28G0

28B1
2

5D1
2 30 5A0

2 5 10I1
1 23 56 5E0

25A1
2 8M1

2 16 4A0
2 4 24 82 4E0

28G0
28B1

2



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

8N1
2 16 4B0

2 4 16D1
1 24 82 4D0

28H0
2 9J1

2 36 9D0
2 18 9H1

6 22 9236 3H0
29D0

2
8C1

2
8O1

2 16 4B0
2 4 24 82 8E0

28F0
2 10A1

2 10 5A0
2 5 42 101 2B0

25A0
2

8C1
2 10B1

2 12 5B0
2 6 2B1

10 22 10121 2A0
25B0

2
8P1

2 16 2E0
2 4 24 82 4E0

2 10C1
2 20 10A0

2 10 26 102 2E0
210A0

2
8Q1

2 16 4B0
2 4 24 82 8D0

28H0
2 10D1

2 20 5C0
2 10 26 102 5C0

2
8D1

2 10E1
2 24 5B0

2 6 20F1
1 4E1

5 24 10222 2C0
25D0

2
8R1

2 16 4B0
2 4 24 82 8D0

28F0
2 2G1

10 10B0
210B1

2
8C1

2 10F1
2 20− 24 5D0

2 12 10G1
120E1

1 101522112 2D0
25D0

2
8S1

2 16 4B0
2 4 24 82 4E0

28F0
2 2D1

54D1
5

8D1
2 2H1

10
8T1

2 16 4G0
2 8 8D1

116C1
1 22 8142 4G0

2 10G1
2 30 5E0

2 15 29 103 5E0
210A0

2
8U1

2 16 4I0
2 8 4221 82 4I0

2 10H1
2 30 5E0

2 15 4226 103 5E0
2

8V 1
2 32 2A0

2 2 8G1
1 48 8L0

28N0
2 10I1

2 40 5C0
2 10 212 104 5F0

2 10A0
2

8O0
28P0

2 10C0
210D1

2
4D1

28E1
2 10J1

2 40 10C0
2 20 212 104 10C0

2
8F1

2 10K1
2 48 5B0

2 6 20M1
1 20Y 1

5 28 10424 10D0
210E0

2
8W1

2 32 2B0
2 2 16F1

1 28 84 4K0
28J0

2 10K1
10 10E1

2
8T0

2 8G1
2 10L1

2 48 5D0
2 12 10K1

120J1
1 102542214 5G0

210D0
2

8I1
2 10F1

5 20W1
5 10F1

2
8X1

2 32 2D0
2 4 8F1

1 16E1
1 824224 4J0

28M0
2 10L1

10
8H1

2
8Y 1

2 32 4B0
2 4 28 84 8K0

28P0
2 11A1

2 22 + 2 12 11A1
2 12 1A1

22 22 11111 1A0
2

8Q0
28R0

2 11B1
2 60 11A1

2 12 11A1
22 210 11515 11A1

2
8J1

28Q1
2

8S1
2 12A1

2 12 3A0
2 3 24 121 6A0

2
8Z1

2 32 2E0
2 4 28 84 8K0

28O0
2 12B1

2 12 3A0
2 3 24 121 4A0

26A0
2

8P1
2 12C1

2 12 6A0
2 6 24 121 6A0

2
8AA1

2 32 4A0
2 4 28 84 4L0

28K0
2 12D1

2 12 6C0
2 6 4221 121 6C0

2
8S0

28K1
2 12E1

2 16 6D0
2 8 4K1

6 24 12141 4B0
26D0

2
8L1

28M1
2 12F1

2 24 3A0
2 3 24F1

1 28 122 6E0
212A0

2
8AB1

2 32 4B0
2 4 16J1

1 28 84 8J0
28N0

2 12A1
2

8Q0
28R0

2 12G1
2 24 3A0

2 3 28 122 6F0
2 12A0

2
8N1

2 8O1
2 12B1

2
8R1

2 12H1
2 24 2C0

2 4 12J1
124E1

1 26 12162 4G0
26E0

2
8AC1

2 32 4F0
2 8 8G1

116G1
1 824224 8U0

2 8V 0
2 12I1

2 24 6A0
2 6 28 122 6I0

212B0
2

8H1
2 12A1

2
8AD1

2 32 4G0
2 8 8I1

116H1
1 24 8244 4K0

2 12J1
2 24 6A0

2 6 28 122 6F0
2 12B0

2
8AE1

2 32 4G0
2 8 8H1

116I1
1 24 8244 4K0

28W0
2 12C1

2
8T1

2 12K1
2 24 3D0

2 6 28 122 6F0
2

8AF1
2 32 4I0

2 8 4422 84 8T0
2 8X0

2 12L1
2 24 3E0

2 6 4422 122 6G0
2

8U1
2 12M1

2 24 6C0
2 6 4422 122 6G0

212C0
2

8AG1
2 32 8S0

2 16 28 84 8S0
2 12D1

2
8AH1

2 64 1A0
2 1 8K1

1 416 8Z0
28AA0

2 12N1
2 24 6E0

2 12 12O1
124G1

1 26 12162 6E0
2

8AC0
24F1

2 12O1
2 24 12A0

2 12 28 122 12A0
2

8V 1
2 12P1

2 24 12A0
2 12 28 122 12A0

2
8AI1

2 64 2D0
2 4 8K1

116M1
1 844428 8Y 0

2 8Z0
2 12Q1

2 24 12C0
2 12 4225 122 12C0

2
8AB0

28X1
2 12R1

2 24 12C0
2 12 4225 122 4I0

212C0
2

8AC1
2 12S1

2 24 6J0
2 12 4422 122 6J0

2
12T1

2 24 6K0
2 12 4422 122 6K0

2
9A1

2 12 9A1
2 12 3C1

6 22 9131 3B0
2 12U1

2 32 6D0
2 8 4S1

6 28 12242 4E0
26M0

2
9B1

2 12 9B1
2 12 3D1

6 22 9131 3B0
2 12D0

212E1
2

9C1
2 18 9A0

2 9 25 92 3D0
29A0

2 12V 1
2 24− 32 6L0

2 16 12Q1
124I1

1 1216141322112 4F0
2 6L0

2
9D1

2 18 9A0
2 9 18E1

1 25 92 3C0
29A0

2 4H1
38J1

3
9E1

2 27 9E1
2 27 4126 93 3A0

2 4U1
6

9F1
2 27 9F1

2 27 4323 93 1A0
2 12W1

2 32 12D0
2 16 4X1

6 28 12242 4H0
212D0

2
9G1

2 36 9A1
2 12 9D1

6 26 9333 9A1
2 12X1

2 48 3A0
2 3 24J1

1 216 124 6N0
2 12E0

2
9H1

2 36 9B1
2 12 9E1

6 26 9333 9B1
2 12F0

2 12F1
2

9I1
2 36 9D0

2 18 18I1
1 22 9236 3G0

29D0
2 12I1

2



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

12Y 1
2 48 3G0

2 12 12V 1
1 24K1

1 24 12238 6O0
2 16T1

2 32 8P0
2 16 24 8244 8P0

2
12Z1

2 48 6J0
2 12 28 68 6P0

2 16U1
2 32 8R0

2 16 28 84 8R0
2

12AA1
2 48 6K0

2 12 28 68 6P0
2 16V 1

2 32 8Q0
2 16 28 84 8Q0

2
12AB1

2 48 6G0
2 12 4422 68 6Q0

2 16W1
2 64 4F0

2 8 16M1
1 32E1

1 162822418 8AB0
216E0

2
12AC1

2 64 3B0
2 4 12W1

1 12T1
3 6828 12H0

212I0
2 16I1

2
12U1

6 6P1
2

12AD1
2 64 6L0

2 16 12W1
1 24L1

1 1226242342214 12G0
212H0

2 17A1
2 34 + 2 18 17A1

2 18 1C1
34 4222 17111 1A0

2
12T1

3 24O1
3 12V 1

2 17B1
2 36 17A1

2 18 17C1
34 4424 17212 17A1

2
12V 1

6
18A1

2 18 9A0
2 9 27 181 6A0

29A0
2

13A1
2 26 + 2 14 13A1

2 14 1B1
26 42 13111 1A0

2 18B1
2 24 9B0

2 12 6E1
6 24 18123 6D0

29B0
2

13B1
2 42 13A1

2 14 13B1
26 46 13313 13A1

2 18C1
2 36 9D0

2 18 210 18163 6F0
2 9D0

2
18D1

2 36 18A0
2 18 4625 182 6J0

218A0
2

14A1
2 14 7A0

2 7 25 141 7A0
2 18E1

2 36 18A0
2 18 4625 182 6K0

218A0
2

14B1
2 14 7B0

2 7 25 141 7B0
2 18F1

2 36− 48 3F0
2 8 18J1

136C1
1 181922316 6L0

29E0
2

14C1
2 14 7A0

2 7 4222 141 7A0
2 6K1

312P1
3

14D1
2 14 7A0

2 7 4222 141 2B0
27A0

2 6I1
6

14E1
2 14 7B0

2 7 4222 141 2B0
27B0

2
14F1

2 14 7B0
2 7 4222 141 7B0

2 20A1
2 20 10A0

2 10 28 201 4B0
210A0

2
14G1

2 28 7B0
2 7 210 142 7D0

214B0
2 20B1

2 24 5B0
2 6 20C1

10 4422 20141 10B0
2

14B1
2 20C1

2 24 5B0
2 6 20C1

10 4422 20141 10B0
2

14H1
2 28 7A0

2 7 210 142 7C0
214A0

2 20D1
2 24 10B0

2 12 4I1
10 4422 20141 4C0

210B0
2

14A1
2 20E1

2 40 5C0
2 10 216 202 4A0

210C0
2

14I1
2 28 14A0

2 14 210 142 14A0
2 20F1

2 40 5C0
2 10 216 202 10C0

2
14J1

2 28 14B0
2 14 210 142 14B0

2 20G1
2 48 5D0

2 12 20L1
140A1

1 24 201544114 10D0
2

14K1
2 42 7E0

2 21 215 143 7E0
214A0

2 20AA1
540G1

5
14B0

2 20L1
10

20H1
2 48 5D0

2 12 20K1
140B1

1 24 201544114 10D0
2

15A1
2 15 15A1

2 15 4124 151 5A0
2 20AA1

540G1
5

15B1
2 15 15B1

2 15 4124 151 5A0
2 20L1

10
15C1

2 15 15C1
2 15 4124 151 3A0

25A0
2 20I1

2 48 10B0
2 12 20P1

10 4422 10424 10E0
2

15D1
2 18 15D1

2 18 3F1
10 4222 15131 3A0

25B0
2 20J1

2 48 10B0
2 12 20P1

10 4422 10424 10E0
2

15E1
2 20 15E1

2 20 5C1
6 26 15151 3B0

25A0
2

21A1
2 21 21A1

2 21 4127 211 3A0
27A0

2
16A1

2 16 4C0
2 4 26 161 8I0

2 21B1
2 21 21B1

2 21 4127 211 3A0
27B0

2
16B1

2 16 4C0
2 4 44 161 8I0

2
16C1

2 16 8H0
2 8 26 161 8H0

2 24A1
2 24 6C0

2 6 4424 241 12C0
2

16D1
2 16 8G0

2 8 26 161 8G0
2 24B1

2 24 6C0
2 6 4424 241 8A0

212C0
2

16E1
2 16 8H0

2 8 26 161 8H0
2 24C1

2 24 12B0
2 12 28 122 12B0

2
16F1

2 16 8G0
2 8 26 161 8G0

2 24D1
2 24 12B0

2 12 28 122 8E0
212B0

2
16G1

2 32 4C0
2 4 32B1

1 212 162 8J0
216A0

2 24E1
2 24 12B0

2 12 28 122 12B0
2

16A1
2 24F1

2 24 12B0
2 12 28 122 8D0

212B0
2

16H1
2 32 4C0

2 4 48 162 8T0
2 16A0

2 24G1
2 24 12B0

2 12 210 241 8H0
212B0

2
16B1

2 24H1
2 24 12B0

2 12 210 241 12B0
2

16I1
2 32− 32 4F0

2 8 16E1
132A1

1 161812214 8M0
2 24I1

2 24 12B0
2 12 210 241 12B0

2
16J1

2 32 8E0
2 8 212 162 8Q0

2 24J1
2 32 6M0

2 16 8M1
6 24 121624122 6M0

2 8C0
2

16K1
2 32 8H0

2 8 212 162 8R0
216B0

2 24K1
2 32 6M0

2 16 24E1
6 24 121624122 6M0

2
16C1

2 24L1
2 32 6M0

2 16 8M1
6 24 121624122 6M0

2 8B0
2

16L1
2 32 8G0

2 8 212 162 8S0
216C0

2 24M1
2 32 6M0

2 16 24E1
6 24 121624122 6M0

2
16F1

2 24N1
2 32 12D0

2 16 24H1
6 28 12242 12D0

2
16M1

2 32 8D0
2 8 212 162 8R0

2 24O1
2 32 12D0

2 16 24H1
6 28 12242 12D0

2
16N1

2 32 8H0
2 8 212 162 8Q0

216B0
2 24P1

2 32 12D0
2 16 8L1

6 212 24181 8G0
212D0

2
16E1

2 24Q1
2 48 12B0

2 12 220 242 12F0
2 24A0

2
16O1

2 32 8G0
2 8 212 162 8S0

216C0
2 24H1

2
16D1

2
16P1

2 32 4I0
2 8 4426 162 8T0

2 25A1
2 50 + 2 30 25A1

2 30 5A1
10 42 25115 5B0

2
16Q1

2 32 8W0
2 16 16K1

132C1
1 22 1614224 8W0

2
16R1

2 32 8W0
2 16 16L1

132D1
1 22 1614224 8W0

2 27A1
2 36 27A1

2 36 9H1
6 22 2713116 9B0

2
16S1

2 32 8P0
2 16 24 8244 8P0

2



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

28A1
2 28 7A0

2 7 212 281 14A0
2 8B1

3 8 4A0
3 4 3122 81 4A0

3
28B1

2 28 7A0
2 7 212 281 4A0

214A0
2 8C1

3 24 + 3 12 4B0
3 6 4M1

6 812112 4B0
3

28C1
2 28 7B0

2 7 212 281 14B0
2 8D1

3 12 4D0
3 6 4N1

6 22 8122 4D0
3

28D1
2 28 7B0

2 7 212 281 4A0
214B0

2 8E1
3 12 4D0

3 6 4J1
6 24 8141 4D0

3
28E1

2 28 14A0
2 14 212 281 4B0

214A0
2 8F1

3 12 4D0
3 6 4E1

6 24 8141 4D0
3

28F1
2 28 14B0

2 14 212 281 4B0
214B0

2 8G1
3 16 4A0

3 4 3224 82 4E0
38A0

38A1
3

8H1
3 16 4A0

3 4 3224 82 4E0
38B0

38B1
3

36A1
2 36 18B0

2 18 4627 361 12C0
218B0

2 8I1
3 16 8I1

3 16 6125 82 4A0
3

8J1
3 24− 24 4B0

3 6 24I1
112V 1

2 4U1
6 822214 4G0

38C0
38C1

3
40A1

2 40 20A0
2 20 218 401 8G0

220A0
2 8K1

3 24 4D0
3 6 4V 1

6 8O1
6 24 8224 4H0

38D0
38D1

3
8L1

3 24 4D0
3 6 4R1

6 28 8242 4J0
38D0

38F1
3

48A1
2 48 12C0

2 12 44216 481 16A0
224B0

2 8M1
3 24 4D0

3 6 4T1
6 28 8242 4J0

38D0
38E1

3
8N1

3 24 4J0
3 12 8P1

6 26 8144 4J0
3

3A1
3 6 1A0

3 1 9A1
1 32 1B0

33A0
3 8O1

3 24 4J0
3 12 8Q1

6 26 8144 4J0
3

3B1
3 18 1A0

3 1 9D1
1 36 3C0

33D0
33E0

3 8P1
3 24 4J0

3 12 8V 1
6 210 83 4J0

38A0
38B0

3
3A1

3
9A1

3 9 3B0
3 3 24 91 3B0

3
4A1

3 6 2C0
3 3 2D1

6 4121 2C0
3 9B1

3 18 3A0
3 3 9E1

1 36 9C0
33A1

3
4B1

3 8 4A0
3 4 12A1

1 31 42 1B0
34A0

3 9C1
3 18 3B0

3 3 27B1
1 36 92 3C0

39A0
3

4C1
3 12 2C0

3 3 12F1
1 6I1

22G1
6 4222 2F0

3 4D0
34A1

3 9D1
3 27− 18 3D0

3 6 9D1
127A1

1 913213 3D0
3

4D1
3 12 2C0

3 3 2E1
6 4222 2G0

34C0
34A1

3 9E1
3 27 3B0

3 3 212 93 3E0
39A0

39B0
3

4E1
3 12 2C0

3 3 2F1
6 4M1

6 4222 2E0
34B0

34A1
3 9A1

3
4F1

3 12 4D0
3 6 4N1

6 22 43 4D0
3 9F1

3 27 9C0
3 9 212 93 9C0

3
4G1

3 16 4A0
3 4 12I1

1 32 44 2D0
34E0

34F0
3 9G1

3 27 9D0
3 9 633323 93 9B0

39D0
3

4B1
3 9H1

3 54 1A0
3 1 9J1

1 318 9E0
39F0

3 9H0
3

4H1
3 24 2C0

3 3 12Q1
16P1

2 12V 1
2 4424 2H0

34G0
34H0

3 3B1
39B1

3
2H1

64U1
6 4I0

34C1
34D1

3 9I1
3 54 3D0

3 6 9J1
127C1

1 933619 9F0
3 9G0

39D1
3

4E1
3

4I1
3 24 4D0

3 6 4V 1
6 24 46 4E0

34I0
34J0

3 10A1
3 10 5A0

3 5 3222 101 2B0
35A0

3
4F1

3 10B1
3 15 10B1

3 15 5B1
6 26 10151 2C0

35A0
3

10C1
3 20 5B0

3 10 3128 102 2A0
35B0

3
5A1

3 15 + 3 6 5A1
3 6 1A1

15 5111 1A0
3 10D1

3 20 5B0
3 10 6226 102 5B0

3
5B1

3 10 5A0
3 5 15B1

1 32 52 1B0
35A0

3
5C1

3 15− 12 5A1
3 6 15C1

13B1
51B1

15 5212 1B0
35A1

3 11A1
3 11 11A1

3 11 3124 111 1A0
3

5D1
3 15 5D1

3 15 24 53 5A0
3 11B1

3 11 11B1
3 11 3124 111 1A0

3
5E1

3 20 5B0
3 10 6222 54 5B0

3
5F1

3 24 5A1
3 6 15G1

115E1
5 5414 5C1

3 12A1
3 12 2B0

3 2 12A1
6 22 43 2E0

312B0
3

5A1
15 12B1

3 12 2A0
3 2 26 121 6A0

312A0
3

5G1
3 30 5D1

3 15 28 56 5B0
35D1

3 12C1
3 12 2B0

3 2 3322 121 6B0
312B0

3
12D1

3 12 2G0
3 6 12B1

6 22 43 2G0
312A0

3
6A1

3 6 1A0
3 1 22 61 2B0

33A0
3 12E1

3 12 12E1
3 12 613123 121 3B0

34A0
3

6B1
3 6 6B1

3 6 22 61 2A0
3 12F1

3 18 2C0
3 3 6D1

6 26 12132 4B0
36E0

3
6C1

3 9 6C1
3 9 3B1

6 22 6131 2C0
33B0

3 12G1
3 18 2C0

3 3 6C1
6 26 12132 4C0

36E0
3

6D1
3 12 1B0

3 2 6D1
118C1

1 6123 2D0
33D0

3 12H1
3 24 2C0

3 3 12H1
612K1

6 4424 12G0
312H0

34E1
3

6E1
3 12 2B0

3 2 18D1
1 33 62 2D0

36B0
3 12I1

3 24 2C0
3 3 12I1

612J1
6 4424 12G0

312I0
34E1

3
6F1

3 18 1A0
3 1 6D1

6 26 63 2E0
36B0

36E0
3 12J1

3 24 4A0
3 4 212 122 4E0

36A0
312E0

3
6A1

3 12K1
3 24 2D0

3 4 12P1
1 36B1

1 36 12143 6G0
312C0

3
6G1

3 18 3B0
3 3 26 63 3E0

36A0
36C0

3 12L1
3 24 2E0

3 6 12M1
6 12N1

6 24 46 4H0
312G0

312A1
3

6H1
3 18 2C0

3 3 6C1
6 26 63 2G0

36A0
36E0

3 12O1
6

6I1
3 18 6B1

3 6 26 63 6A0
36B1

3 12M1
3 24 2G0

3 6 12L1
6 24 46 4I0

312F0
3 12D1

3
6J1

3 27 6C1
3 9 3E1

6 26 6333 3E0
36E0

36C1
3 12N1

3 24 4F0
3 8 6327 122 4F0

3 6B0
3

6K1
3 36 1B0

3 2 6F1
1 18J1

16Q1
2 6329 2H0

36G0
36H0

3 12O1
3 32 4A0

3 4 12S1
1 34 48 12C0

312L0
3

18F1
2 6I1

6 6D1
3 12M0

3 4G1
3

6L1
3 36 2B0

3 2 18K1
1 39 66 6F0

3 6G0
36I0

3 12P1
3 36− 36 2F0

3 6 12T1
1 36C1

16Q1
2 121433216 4G0

36H0
3

6E1
3 18F1

2 6I1
6

12Q1
3 36 4D0

3 6 12T1
6 218 123 4J0

312E0
312N0

3
7A1

3 21− 16 7A0
3 8 21C1

13C1
71B1

21 32 7212 1B0
37A0

3 12R1
3 36 6D0

3 6 6636 123 6I0
312D0

312K0
3

12S1
3 48 2B0

3 2 12W1
6 28 412 4K0

312M0
3 12S0

3
8A1

3 8 4A0
3 4 3122 81 4A0

3 12L1
3



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

12T1
3 48 2C0

3 3 12W1
1 12AC1

2 4828 12P0
3 12Q0

3 24B1
3

12AD1
212U1

6 12R0
312S0

3 24K1
3 24 4B0

3 6 12O1
6 24 8224 4I0

324A0
3

12V 1
6 4H1

312H1
3 24B1

3
12I1

3 24L1
3 24 4C0

3 6 12L1
624G1

6 24 8224 4H0
324B0

3
24A1

3
13A1

3 39 + 3 14 13A1
3 14 1A1

39 6222 13111 1A0
3 24M1

3 32 4F0
3 8 643224 84 8E0

312M0
3

13B1
3 28 13A1

3 14 13F1
39 6424 13212 13A1

3 24D1
3

24N1
3 36 4D0

3 6 12T1
6 218 24162 8D0

312N0
3

14A1
3 16 7A0

3 8 2D1
21 3224 14121 2A0

37A0
3 24O1

3 48 4B0
3 6 24L1

112AD1
2 842418 12Q0

324C0
3

14B1
3 16 7A0

3 8 2E1
21 64 14121 2B0

37A0
3 12V 1

6 24D0
324E0

3
8J1

324G1
3

15A1
3 15 15A1

3 15 3324 151 3B0
35A0

3 24H1
3

15B1
3 30 5B0

3 10 216 152 3A0
35B0

3 24P1
3 48 4B0

3 6 12W1
6 28 8428 8F0

3 12R0
3

15C1
3 40 5C0

3 20 3228 58 5C0
3 24D0

324E0
3

15D1
3 48 5A1

3 6 15I1
115I1

5 5818 5F1
3 24I1

324J1
3

15A1
15 24K1

3

16A1
3 16 8B0

3 8 3226 161 8B0
3 30A1

3 30 5A0
3 5 218 301 6A0

310A0
3

16B1
3 16 8A0

3 8 3226 161 8A0
3 15A0

3
16C1

3 16 8A0
3 8 6422 161 8A0

3
16D1

3 16 8B0
3 8 6422 161 8B0

3 36A1
3 36 6C0

3 6 31226 361 12J0
318A0

3
16E1

3 24 8C0
3 12 8O1

6 24 1614114 8C0
3

16F1
3 24 8D0

3 12 8P1
6 26 16124 8D0

3 42A1
3 16 7A0

3 8 42B1
21 623122 14121 7A0

3
16G1

3 24 8D0
3 12 8Q1

6 26 16124 8D0
3 42B1

3 16 7A0
3 8 42B1

21 623122 14121 7A0
3

16H1
3 24 8D0

3 12 8V 1
6 210 16142 8D0

3
48A1

3 24 8C0
3 12 24G1

6 24 1614114 8C0
3

18A1
3 18 3B0

3 3 3326 181 6C0
39B0

3
18B1

3 18 3B0
3 3 3622 181 6D0

39A0
3 60A1

3 20 10A0
3 10 3426 201 10A0

312A0
3

18C1
3 18 3B0

3 3 66 181 6D0
39B0

3
18D1

3 18 6D0
3 6 633321 181 6D0

3 2A1
5 2 1A0

5 1 21 1A0
5

18E1
3 18 9C0

3 9 26 63 6A0
39C0

3 2B1
5 4 1A0

5 1 10A1
1 22 1B0

52A0
5

18F1
3 18 9D0

3 9 3322 63 6C0
39D0

3 2A1
5

18G1
3 18 9D0

3 9 6232 63 6D0
39D0

3 2C1
5 6 1A0

5 1 2E1
10 23 2B0

52A1
5

18H1
3 18 18H1

3 18 26 63 6A0
3 2D1

5 12 1A0
5 1 10G1

110F1
2 26 2C0

52D0
5

18I1
3 18 18I1

3 18 3322 63 6C0
3 2H1

10 2B1
52C1

5
18J1

3 27 18J1
3 27 9G1

6 26 6333 6E0
39C0

3
3A1

5 6 3A0
5 3 22 32 3A0

5
20A1

3 20 20A1
3 20 31210 201 4A0

35A0
3 3B1

5 15− 8 3B0
5 4 15C1

15C1
3 3212 1B0

53B0
5

1B1
15

21A1
3 24 7A0

3 8 21A1
21 6327 21131 7A0

3 3C1
5 12 3A0

5 3 15E1
1 24 34 3C0

53D0
5

21B1
3 24 7A0

3 8 21A1
21 6327 21131 7A0

3 3A1
5

21C1
3 32 7A0

3 8 21I1
121C1

7 34 7414 21A0
321B0

3 3D1
5 12 3D0

5 6 3B1
15 24 34 3B0

53D0
5

21B1
21 7A1

3
21D1

3 48 7A0
3 8 21D1

21 28 7616 7B0
321A0

3 4A1
5 20 + 5 6 2B0

5 3 2E1
10 4112 2B0

5
21E1

3 48 7A0
3 8 21D1

21 28 7616 7B0
321B0

3 4B1
5 6 2B0

5 3 2C1
10 22 4121 2B0

5
4C1

5 8 4A0
5 4 20D1

1 24 42 1B0
54A0

5
24A1

3 12 4C0
3 6 12B1

6 22 8122 4C0
3 4D1

5 20− 12 2B0
5 3 20E1

110F1
2 4214 2C0

54B0
5

24B1
3 12 4B0

3 6 12A1
6 22 8122 4B0

3 2H1
10 4A1

5
24C1

3 16 4E0
3 8 3224 82 4E0

3 4E1
5 12 2B0

5 3 20F1
1 10E1

2 24 4222 2C0
54C0

5
24D1

3 16 4F0
3 8 623122 82 4F0

3 2G1
10 4B1

5
24E1

3 24 4A0
3 4 214 241 8A0

312E0
3 4F1

5 12 4C0
5 6 4K1

10 26 43 4A0
54C0

5
24F1

3 24 4A0
3 4 214 241 8B0

312E0
3 4G1

5 12 4C0
5 6 4J1

10 26 43 4C0
5

24G1
3 24 4B0

3 6 12K1
6 822214 12I0

324A0
3

8C1
3 6A1

5 6 3A0
5 3 24 61 2A0

53A0
5

24H1
3 24 4B0

3 6 12J1
6 822214 12H0

324A0
3 6B1

5 6 3A0
5 3 24 61 3A0

5
8C1

3 6C1
5 6 6C1

5 6 24 61 2A0
5

24I1
3 24 4B0

3 6 12M1
6 24 8224 8C0

312H0
3 6D1

5 9 6D1
5 9 3D1

10 25 6131 2B0
53A0

5
24B1

3 6E1
5 12 3A0

5 3 30D1
1 28 62 3C0

56A0
5

24J1
3 24 4B0

3 6 12N1
6 24 8224 8C0

312I0
3 6B1

5



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

6F1
5 12 3A0

5 3 28 62 3D0
56A0

56A1
5 20I1

5 12 2B0
5 3 10F1

10 4214 10F0
5 20B0

54A1
5

6G1
5 12 3D0

5 6 28 62 3D0
5 20J1

5 12 2B0
5 3 10I1

10 24 4222 4B0
510H0

520A1
5

6H1
5 30 + 5 12 6H1

5 12 3G1
102F1

15 24 61312111 2B0
53B0

5 20K1
5 12 2B0

5 3 10C1
10 24 4222 10H0

520A0
54B1

5
1F1

30 20L1
5 12 2B0

5 3 10H1
10 24 4222 4C0

510F0
5 20B1

5
20M1

5 12 2B0
5 3 10J1

10 24 4222 4B0
510I0

520B1
5

7A1
5 35 + 5 8 7A1

5 8 1A1
35 24 7111 1A0

5 20N1
5 12 2B0

5 3 10J1
10 24 4222 2D0

520B0
520A1

5
7B1

5 24 7A1
5 8 7A1

35 212 7313 7A1
5 20O1

5 12 2B0
5 3 10H1

10 24 4222 4C0
510G0

520A1
5

20P1
5 12 2B0

5 3 10D1
10 24 4222 10I0

520B0
54B1

5
8A1

5 12 2B0
5 3 4F1

10 28 8141 4C0
5 20Q1

5 12 2B0
5 3 10I1

10 24 4222 2D0
520A0

520B1
5

8B1
5 12 4C0

5 6 4K1
10 26 8122 4C0

5 20R1
5 12 4C0

5 6 20D1
10 26 43 4C0

5
8C1

5 12 4C0
5 6 4J1

10 26 8122 4C0
5 20S1

5 12 4C0
5 6 20E1

10 26 43 4C0
5

8D1
5 16 8D1

5 16 212 82 4A0
5 20T1

5 16 4A0
5 4 28 44 4D0

510E0
520D0

5
8E1

5 24 2B0
5 3 4N1

10 216 8242 4E0
58A0

58A1
5 20F1

5
20U1

5 16 4A0
5 4 28 44 4D0

510C0
520C0

5
9A1

5 9 9A1
5 9 27 91 3A0

5 20G1
5

9B1
5 45 + 5 12 9B1

5 12 3B1
15 24 9113 3B0

5 20V 1
5 16 4A0

5 4 20I1
1 28 44 10D0

520C0
5

9C1
5 18 9C1

5 18 210 9133 3D0
5 20D0

54C1
5

20W1
5 24 2B0

5 3 20J1
110L1

2 4418 10N0
5 20E0

5
10A1

5 4 1A0
5 1 22 5A0

510A0
52A1

5 10L1
10 20F0

5 20G0
54D1

5
10B1

5 4 1A0
5 1 22 5B0

510B0
52A1

5 20H1
520I1

5
10C1

5 8 1A0
5 1 10D1

1 24 5C0
510C0

510D0
5 20X1

5 24 2B0
5 3 10M1

10 28 4424 4E0
510O0

520F0
5

10E0
52B1

510A1
5 20I0

520L1
5

10B1
5 20M1

5 20Q1
5

10D1
5 12 1A0

5 1 10E1
10 26 10F0

5 10H0
52C1

5 20Y 1
5 24 2B0

5 3 20M1
1 10K1

2 28 4424 10Q0
520E0

5
10A1

5 10K1
10 20H0

520I0
54E1

5
10E1

5 12 1A0
5 1 10F1

10 26 10G0
510I0

52C1
5 20K1

520P1
5

10B1
5 20Z1

5 24 2B0
5 3 10M1

10 28 4424 4E0
510P0

5 20G0
5

10F1
5 24 1A0

5 1 10K1
110L1

2 212 10N0
5 10O0

5 20H0
520J1

5
10L1

10 10P0
5 10Q0

52D1
5 20N1

5 20O1
5

10C1
510D1

5 20AA1
5 24 2C0

5 6 20K1
120L1

1 24 4228 10Q0
5

10E1
5 20G1

220H1
2

20L1
10

11A1
5 11 11A1

5 11 29 111 1A0
5 20AB1

5 24 10G0
5 6 20M1

10 24 4228 10P0
5

11B1
5 11 11B1

5 11 29 111 1A0
5 20AC1

5 24 10F0
5 6 20K1

10 24 4228 10O0
5

12A1
5 12 12A1

5 12 210 121 3A0
54A0

5 30A1
5 6 3A0

5 3 24 61 3A0
5

30B1
5 6 3A0

5 3 24 61 3A0
5

15A1
5 6 3A0

5 3 22 32 3A0
55B0

5 30C1
5 8 3B0

5 4 10A1
15 24 6121 3B0

510A0
5

15B1
5 6 3A0

5 3 22 32 3A0
55A0

5 30D1
5 8 3B0

5 4 10A1
15 24 6121 3B0

510B0
5

15C1
5 12 3A0

5 3 24 34 3D0
515B0

515B1
5 30E1

5 12 3A0
5 3 28 62 3D0

530A0
530A1

5
15D1

5 12 3A0
5 3 24 34 3D0

515A0
515A1

5 30F1
5 12 3A0

5 3 28 62 3D0
530B0

530B1
5

15E1
5 16 3B0

5 4 15G1
15F1

3 5A1
15 3414 5C0

515C0
515D0

5 30G1
5 12 3A0

5 3 28 62 15B0
530B0

56B1
5

3B1
5 30H1

5 12 3A0
5 3 28 62 15A0

530A0
56B1

5
15F1

5 24 3A0
5 3 15H1

1 28 38 15E0
515F0

5 3C1
5 30I1

5 16 3B0
5 4 10C1

15 28 6222 6B0
510E0

515D0
5

15G1
5 24 15F0

5 12 28 38 15F0
5 30C1

5
15H1

5 24 15F0
5 12 28 38 15F0

5 30J1
5 16 3B0

5 4 10C1
15 28 6222 6B0

510C0
515C0

5
15I1

5 32 3B0
5 4 15I1

115D1
3 3818 15G0

515H0
5 30D1

5
15A1

15 15E1
5 30K1

5 24 3A0
5 3 30E1

1 216 64 15E0
530C0

5
30D0

530E0
56E1

5
16A1

5 24 4C0
5 6 8F1

10 220 16181 8A0
5 30G1

530H1
5

20A1
5 6 2B0

5 3 10A1
10 22 4121 2B0

5 40A1
5 12 2B0

5 3 20B1
10 28 8141 4C0

5
20B1

5 6 2B0
5 3 10A1

10 22 4121 2B0
5 40B1

5 12 2B0
5 3 20B1

10 28 8141 4C0
5

20C1
5 8 5A0

5 2 24 42 10C0
5 40C1

5 12 4C0
5 6 20D1

10 26 8122 4C0
5

20D1
5 8 5B0

5 2 24 42 10E0
5 40D1

5 12 4C0
5 6 20E1

10 26 8122 4C0
5

20E1
5 8 1B0

5 2 20B1
120C1

1 24 42 10D0
5 40E1

5 24 2B0
5 3 20J1

10 216 8242 8A0
520I0

540A1
5

20F1
5 8 4A0

5 4 24 42 4A0
55B0

5 40F1
5 24 2B0

5 3 20J1
10 216 8242 8A0

520H0
540B1

5
20G1

5 8 4A0
5 4 24 42 4A0

55A0
5 40G1

5 24 2C0
5 6 40A1

140B1
1 24 8218 20E0

5
20H1

5 12 2B0
5 3 10E1

10 4214 10G0
520A0

54A1
5 20G1

220H1
2



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

20L1
10 5E1

6 15 5E1
6 15 29 53 5A0

6
40H1

5 24 10F0
5 6 20M1

10 24 8218 20F0
5 5F1

6 20 5B0
6 10 212 54 5A0

65B0
6

40I1
5 24 10G0

5 6 20K1
10 24 8218 20G0

5 5G1
6 20 5B0

6 10 212 54 5B0
6

5H1
6 20 5B0

6 10 212 54 5B0
6

2A1
6 2 1A0

6 1 21 1A0
6 5I1

6 24 5A1
6 6 5C1

30 28 5414 5D1
6

2B1
6 4 1A0

6 1 6B1
2 22 1C0

62B0
62A1

6
2C1

6 4 1A0
6 1 22 1B0

62C0
62A1

6 6A1
6 6 3B0

6 3 24 61 2A0
63B0

6
2D1

6 4 1A0
6 1 4A1

3 22 1D0
62A0

62A1
6 6B1

6 6 3A0
6 3 24 61 2C0

63A0
6

2E1
6 8 1A0

6 1 4D1
3 24 2G0

62I0
62D1

6 6C1
6 12 1D0

6 2 6H1
312G1

3 26 6132 2G0
63C0

6
2F1

6 8 1A0
6 1 4E1

3 24 2H0
62J0

62D1
6 6D1

6 12 1D0
6 2 6F1

3 12F1
3 26 6132 2H0

63C0
6

2G1
6 8 1A0

6 1 12F1
1 6I1

24C1
3 24 1E0

62D0
62E0

6 6E1
6 12 3E0

6 6 6O1
218B1

2 24 6123 2E0
63E0

6
2F0

6 2B1
62C1

6 6F1
6 12 6C0

6 6 28 62 2J0
66C0

6
2D1

6 6G1
6 12 6C0

6 6 28 62 2I0
66C0

6
2H1

6 16 1A0
6 1 12Q1

16P1
2 4H1

3 28 2K0
62L0

62M0
6 6H1

6 18 3F0
6 9 212 63 3F0

6 6B0
66D0

6
2N0

6 2E1
62F1

6 6I1
6 36− 24 1E0

6 4 6F1
1 12T1

1 18J1
1 61322316 2K0

63G0
6

2G1
6 36C1

16Q1
218F1

2
6K1

312P1
3

3A1
6 6 3B0

6 3 22 32 1B0
63B0

6
3B1

6 6 3A0
6 3 6C1

3 22 32 1D0
63A0

6 7A1
6 42 + 2, 3, 6 8 7A1

6 8 1C1
42 24 7111 1A0

6
3C1

6 6 3A0
6 3 9A1

2 22 32 1C0
63A0

6 7B1
6 24 7A1

6 8 7A1
42 212 7313 7A1

6
3D1

6 6 3B0
6 3 9B1

2 22 32 1C0
63B0

6
3E1

6 18 3A0
6 3 6J1

3 26 36 3C0
63F0

6 3B1
6 8A1

6 8 4C0
6 4 26 81 4C0

6
3F1

6 18 3B0
6 3 26 36 3D0

63F0
6 3A1

6 8B1
6 8 4C0

6 4 26 81 4C0
6

8C1
6 8 4B0

6 4 26 81 4B0
6

4A1
6 4 2A0

6 2 22 41 2A0
6 8D1

6 8 4C0
6 4 26 81 4C0

6
4B1

6 4 2B0
6 2 22 41 2B0

6 8E1
6 8 4A0

6 4 26 81 4A0
6

4C1
6 4 2C0

6 2 22 41 2C0
6 8F1

6 8 4B0
6 4 26 81 4B0

6
4D1

6 4 2A0
6 2 22 41 2A0

6 8G1
6 8 4C0

6 4 26 81 4C0
6

4E1
6 8 2C0

6 2 8F1
3 24 42 2F0

6 4D0
64C1

6 8H1
6 8 4A0

6 4 26 81 4A0
6

4F1
6 8 2A0

6 2 24 42 2J0
64A0

64A1
6 8I1

6 16 4A0
6 4 212 82 4G0

68B0
68H1

6
4G1

6 8 2A0
6 2 24 42 2D0

64A0
64D1

6 8J1
6 16 4B0

6 4 212 82 4F0
6 8A0

68F1
6

4H1
6 8 2A0

6 2 24 42 2I0
64A0

64A1
6 8K1

6 16 4B0
6 4 212 82 4G0

68A0
68C1

6
4I1

6 8 2A0
6 2 24 42 2I0

64B0
64D1

6 8L1
6 16 4A0

6 4 24P1
2 212 82 4E0

68B0
68E1

6
4J1

6 8 2B0
6 2 8E1

3 24 42 2F0
6 4C0

64B1
6 8M1

6 16 2M0
6 8 24J1

224L1
2 24 4224 2M0

6
4K1

6 8 2A0
6 2 12E1

2 24 42 2E0
64B0

64A1
6 8N1

6 16 2N0
6 8 24 4224 2N0

6
4L1

6 8 2A0
6 2 24 42 2J0

64B0
64D1

6 8O1
6 16 4I0

6 8 8K1
316E1

3 24 814114 4I0
6

4M1
6 24 + 3 8 2H0

6 4 4E1
38C1

3 412112 2H0
6 8P1

6 16 4J0
6 8 8N1

3 16F1
3 26 8124 4J0

6
4N1

6 8 2F0
6 4 4F1

3 8D1
3 22 4122 2F0

6 8Q1
6 16 4J0

6 8 8O1
316G1

3 26 8124 4J0
6

4O1
6 8 4D0

6 4 24 42 4D0
6 8R1

6 16 4L0
6 8 28 44 4L0

6
4P1

6 8 4C0
6 4 24 42 4C0

6 8S1
6 16 4F0

6 8 28 44 4F0
6

4Q1
6 16 2A0

6 2 28 44 2N0
6 4F0

6 4G0
6 8T1

6 16 4H0
6 8 28 44 4H0

6
4H0

64G1
64I1

6 8U1
6 16 4L0

6 8 28 44 4L0
6

4L1
6 8V 1

6 16 4J0
6 8 8P1

3 16H1
3 210 8142 4J0

6
4R1

6 16 2C0
6 2 8L1

3 28 44 4J0
64K0

64E1
6 8W1

6 16 4K0
6 8 212 82 4K0

6
4S1

6 16 2A0
6 2 12U1

2 28 44 2M0
6 4E0

64G0
6 8X1

6 16 4L0
6 8 212 82 4L0

6
4H0

64F1
6 4H1

6
4K1

6 9A1
6 9 9A1

6 9 27 91 3A0
6

4T1
6 16 2B0

6 2 8M1
3 28 44 4J0

64L0
64J1

6 9B1
6 9 9B1

6 9 27 91 3A0
6

4U1
6 24− 16 2H0

6 4 12Q1
124I1

1 422214 2K0
64I0

64M1
6 9C1

6 9 9C1
6 9 27 91 3A0

6
12V 1

2 4H1
38J1

3 9D1
6 18 3A0

6 3 9G1
2 26 36 9A0

63C1
6

4V 1
6 16 2F0

6 4 4I1
38K1

3 24 4224 2L0
64J0

64N1
6 9E1

6 18 3B0
6 3 9H1

2 26 36 9B0
63D1

6
4W1

6 16 4C0
6 4 28 44 4F0

6 4L0
64P1

6 9F1
6 18 9A0

6 9 26 36 3D0
69A0

6
4X1

6 16 4D0
6 4 12W1

2 28 44 4E0
64K0

64O1
6 9G1

6 18 9B0
6 9 18J1

3 26 36 3C0
69B0

6
4Y 1

6 16 4G0
6 8 28 44 4G0

6 9H1
6 18 9H1

6 18 9J1
227A1

2 22 913116 3E0
6

9I1
6 27 9I1

6 27 29 39 3F0
6 9A0

69B0
6

5A1
6 30 + 2, 3, 6 6 5A1

6 6 1C1
30 22 5111 1A0

6
5B1

6 10 5A0
6 5 10B1

3 26 52 1D0
65A0

6 10A1
6 10 5A0

6 5 28 101 2B0
65A0

6
5C1

6 10 5A0
6 5 15E1

2 26 52 1C0
65A0

6 10B1
6 10 5A0

6 5 28 101 2A0
65A0

6
5D1

6 30 + 6 12 5A1
6 6 1D1

30 24 5212 1B0
65A1

6 10C1
6 20 5B0

6 10 216 102 5B0
6



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

10D1
6 20 5B0

6 10 216 102 2C0
65B0

6 3B1
7 6 3A0

7 3 24 32 3A0
7

3C1
7 21− 8 3A1

7 4 21C1
17A1

31B1
21 32 3212 1B0

73A1
7

12A1
6 8 2H0

6 4 12A1
324B1

3 22 4122 2H0
6 3D1

7 12 3A0
7 3 28 34 3B0

73B1
7

12B1
6 8 2G0

6 4 12D1
324A1

3 22 4122 2G0
6

12C1
6 8 2J0

6 4 24 42 2J0
6 4A1

7 4 4A1
7 4 3122 41 1A0

7
12D1

6 8 2J0
6 4 24 42 2J0

6 4B1
7 6 2C0

7 3 2E1
14 22 4112 2C0

7
12E1

6 12 6C0
6 6 210 121 4A0

66C0
6 4C1

7 6 2C0
7 3 2C1

14 24 4121 2C0
7

12F1
6 12 6D0

6 6 210 121 4C0
66D0

6 4D1
7 6 2C0

7 3 2D1
14 24 4121 2C0

7
12G1

6 12 6A0
6 6 210 121 4D0

66A0
6 4E1

7 8 4A1
7 4 3224 42 2B0

74A1
7

12H1
6 16 1A0

6 1 12H1
3 28 12A0

612E0
62F1

6 4F1
7 12 2C0

7 3 2G1
144E1

14 28 4222 2E0
74A0

74C1
7

12I1
6 16 1A0

6 1 12I1
3 28 12B0

612F0
6 2F1

6
12J1

6 16 2H0
6 4 12I1

324H1
3 422214 12A0

612C0
64M1

6 5A1
7 10 5A1

7 10 3128 52 1A0
7

12K1
6 16 2H0

6 4 12H1
324G1

3 422214 12B0
612C0

64M1
6

12L1
6 16 2G0

6 4 12M1
3 24L1

3 24 4224 2L0
612D0

612B1
6 6A1

7 6 1A0
7 1 26 61 2A0

73A0
7

12M1
6 16 2H0

6 4 12L1
324I1

3 24 4224 4I0
612A0

612A1
6 6B1

7 6 1A0
7 1 26 61 2B0

73A0
7

12N1
6 16 2H0

6 4 12L1
324J1

3 24 4224 4I0
612B0

612A1
6 6C1

7 6 3A0
7 3 26 61 3A0

7
12O1

6 16 2H0
6 4 12L1

324K1
3 24 4224 2L0

612C0
612A1

6 6D1
7 6 3A0

7 3 26 61 3A0
7

12P1
6 16 2J0

6 4 28 44 4G0
612E0

612D1
6 6E1

7 18 1A0
7 1 6E1

14 218 63 2E0
76A0

76B0
7

12Q1
6 16 2J0

6 4 28 44 4G0
612F0

6 12C1
6 6A1

7
12R1

6 16 4G0
6 8 28 44 4G0

6 6F1
7 18 6B0

7 9 3E1
14 216 6232 3B0

76B0
7

12S1
6 16 4H0

6 8 28 44 4H0
6

12T1
6 24 2F0

6 4 12Q1
324N1

3 218 12162 4J0
66F0

6 7A1
7 49− 14 7A1

7 14 7B1
149A1

1 32 7117 1B0
7

12U1
6 32 1A0

6 1 12W1
1 12AC1

2 216 12J0
612K0

6
12T1

3 12L0
612M0

6 2H1
6 8A1

7 56 + 7 12 4A0
7 6 4E1

14 28 812112 4A0
7

12H1
612I1

6
12V 1

6 32 2H0
6 4 12W1

1 24L1
1 442418 12I0

612J0
6 9A1

7 9 9A1
7 9 210 91 3A0

7
12AD1

212T1
3 12N0

6 12O0
64U1

6
24O1

3 12J1
612K1

6 10A1
7 10 5A0

7 5 3426 101 2A0
75A0

7
12W1

6 32 2H0
6 4 12S1

324P1
3 28 4428 4M0

6 12M0
6 12N0

6 10B1
7 10 5A0

7 5 3426 101 2B0
75A0

7
12O0

612M1
6

12N1
6 12O1

6 12A1
7 18 2C0

7 3 6E1
14 218 12132 4A0

76B0
7

15A1
6 15 15A1

6 15 213 151 3B0
65A0

6 14A1
7 6 7A0

7 3 22 23 2A0
77A0

7
14B1

7 6 7A0
7 3 22 23 2B0

77A0
7

16A1
6 16 8A0

6 8 214 161 8A0
6 14C1

7 18 2C0
7 3 14L1

17N1
2 7B1

14 2616 7B0
714B0

72A1
7

16B1
6 16 8A0

6 8 214 161 8A0
6 14D1

7 18 7A0
7 3 14C1

14 26 29 2E0
714B0

714A1
7

18A1
6 18 9B0

6 9 212 63 6A0
69B0

6 15A1
7 15 5A0

7 5 218 151 3A0
75A0

7
18B1

6 18 9A0
6 9 212 63 6C0

69A0
6

21A1
7 6 1B0

7 2 21A1
121B1

1 33 32 1B0
7

20A1
6 20 10A0

6 10 218 201 4D0
610A0

6 21B1
7 9 7A0

7 3 26 33 3A0
77A0

7
21C1

7 16 3A1
7 4 21I1

121C1
3 34 3414 3C1

7
24A1

6 8 4D0
6 4 26 81 4D0

6 21B1
21

24B1
6 8 4D0

6 4 26 81 4D0
6

24C1
6 8 4D0

6 4 26 81 4D0
6 28A1

7 12 2E0
7 6 28A1

1428B1
14 26 4124 2E0

7
24D1

6 8 4D0
6 4 26 81 4D0

6 28C1
14

24E1
6 16 2M0

6 8 24K1
224M1

2 24 4224 2M0
6 28B1

7 12 4A0
7 6 28B1

14 26 422112 4A0
7

24F1
6 16 2N0

6 8 24 4224 2N0
6 28C1

7 12 4A0
7 6 28A1

14 26 422112 4A0
7

24G1
6 16 4I0

6 8 24L1
348A1

3 24 814114 4I0
6 28D1

7 12 14A0
7 6 3622 43 14A0

728A0
7

24H1
6 16 4E0

6 8 24N1
2 24O1

2 28 44 4E0
6 28E1

7 12 14A0
7 6 3622 43 14A0

728A0
7

24I1
6 16 4K0

6 8 28 44 4K0
6 28F1

7 18 14B0
7 9 14C1

14 26 4316 4A0
714B0

7
24J1

6 16 4K0
6 8 28 44 4K0

6
24K1

6 16 4H0
6 8 28 44 4H0

6 56A1
7 12 4A0

7 6 28C1
14 26 8114 4A0

7
24L1

6 24 12H0
6 12 222 241 8A0

612H0
6

84A1
7 12 2A0

7 2 3626 121 6A0
728B0

7
2A1

7 14− 6 2C0
7 3 14E1

17F1
2 1B1

14 2212 1B0
72C0

7 84B1
7 12 2A0

7 2 3626 121 6A0
728B0

7
2B1

7 6 2C0
7 3 2E1

14 22 23 2B0
72C0

7
2A1

10 2 1A0
10 1 21 21 1A0

10
3A1

7 21 + 7 4 3A1
7 4 1A1

21 31 3111 1A0
7 2B1

10 4 1A0
10 1 10B1

2 22 22 1D0
102A0

10



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

2A1
10 8A1

10 8 2C0
10 2 210 81 4C0

10
2C1

10 4 1A0
10 1 4B1

5 22 22 1B0
102B0

10 8B1
10 8 4B0

10 4 210 81 4B0
10

2A1
10 8C1

10 8 4B0
10 4 210 81 4B0

10
2D1

10 4 1A0
10 1 22 22 1C0

102C0
10 8D1

10 8 4A0
10 4 210 81 4A0

10
2A1

10 8E1
10 8 4A0

10 4 210 81 4A0
10

2E1
10 20 + 5 4 1B0

10 2 2C1
54A1

5 2112 1B0
10 8F1

10 16 2C0
10 2 16A1

5 220 82 4D0
108A0

10
2F1

10 4 2A0
10 2 22 22 2A0

10 8A1
10

2G1
10 8 1A0

10 1 20F1
1 10E1

24E1
5 24 24 1E0

102D0
10 8G1

10 16 2H0
10 4 220 82 4E0

10
2E0

102F0
10

2B1
102C1

10 9A1
10 9 9A1

10 9 4327 91 3A0
10

2D1
10

2H1
10 20− 8 1B0

10 2 10G1
120E1

1 2214 1E0
102G0

10 10A1
10 4 1B0

10 2 20A1
520B1

5 22 22 1B0
10

10F1
2 2D1

54D1
5 2E1

10 10B1
10 4 1C0

10 2 22 22 1C0
10

2I1
10 8 2A0

10 2 24 24 2E0
102H0

10 10C1
10 8 1A0

10 1 20K1
5 24 24 10B0

1010C0
10

2F1
10 2C1

10
10D1

10 8 1A0
10 1 20P1

5 24 24 10A0
1010D0

10
3A1

10 30 + 2, 5, 10 4 3A1
10 4 1B1

30 22 3111 1A0
10 2C1

10
3B1

10 6 3A0
10 3 25 32 3A0

10 10E1
10 8 1B0

10 2 10D1
520H1

5 2214 5A0
1010B0

10
3C1

10 6 3A0
10 3 25 32 3A0

10 2E1
10

3D1
10 6 3A0

10 3 6D1
5 25 32 1B0

103A0
10 10F1

10 8 1B0
10 2 10E1

520I1
5 2214 5A0

1010A0
10

3E1
10 6 3A0

10 3 4222 32 3A0
10 2E1

10
3F1

10 6 3A0
10 3 15D1

2 4222 32 1D0
103A0

10 10G1
10 8 1C0

10 2 24 24 2E0
105B0

10
3G1

10 30 + 5 8 3A1
10 4 6H1

52F1
151F1

30 24 3212 1B0
103A1

10 10B1
10

3H1
10 12 3A0

10 3 210 34 3B0
103C0

10 10H1
10 8 1B0

10 2 20L1
520O1

5 24 24 2D0
105A0

10
3B1

10 10A1
10

10I1
10 8 1B0

10 2 20J1
520Q1

5 24 24 2G0
1010B0

10
4A1

10 4 1A0
10 1 24 41 2A0

10 10A1
10

4B1
10 4 1A0

10 1 24 41 2A0
10 10J1

10 8 1B0
10 2 20M1

5 20N1
5 24 24 2G0

1010A0
10

4C1
10 4 2A0

10 2 24 41 2A0
10 10A1

10
4D1

10 4 2C0
10 2 4221 41 2C0

10 10K1
10 16 1A0

10 1 20M1
1 10K1

2 28 28 10G0
1010H0

10
4E1

10 8 1A0
10 1 28 42 2E0

104A0
10 20Y 1

5 10I0
1010J0

10
4A1

10 2G1
1010C1

10
4F1

10 8 1A0
10 1 8A1

5 28 42 2D0
104A0

10 10D1
10

4B1
10 10L1

10 16 1B0
10 2 10K1

120J1
1 2418 5C0

1010E0
10

4G1
10 8 2A0

10 2 28 42 2H0
104B0

10 10L1
210F1

5 10F0
1010G0

10
4B1

10 20W1
5 2H1

1010E1
10

4H1
10 8 2A0

10 2 28 42 2E0
104B0

10 10F1
10

4C1
10 10M1

10 16 1B0
10 2 20X1

520Z1
5 28 28 2I0

1010E0
10

4I1
10 8 2C0

10 2 20D1
2 4422 42 2F0

104C0
10 10F0

1010I0
10

4D1
10 10H1

1010I1
10

4J1
10 8 2D0

10 4 4G1
58C1

5 26 4122 2D0
10 10J1

10
4K1

10 8 2D0
10 4 4F1

5 8B1
5 26 4122 2D0

10
4L1

10 8 4A0
10 4 28 42 4A0

10 12A1
10 12 3A0

10 3 216 121 4A0
106A0

10
4M1

10 8 4A0
10 4 28 42 4A0

10 12B1
10 12 3A0

10 3 216 121 6A0
10

4N1
10 16 1A0

10 1 8E1
5 216 44 2I0

104D0
10 12C1

10 12 6A0
10 6 216 121 4B0

106A0
10

4E0
104F1

10
4G1

10 15A1
10 12 3B0

10 6 210 34 3B0
10

15B1
10 12 3C0

10 6 4227 34 3C0
10

5A1
10 50 + 2 10 5A1

10 10 5E1
225A1

2 42 5115 1D0
10 15C1

10 12 3C0
10 6 4227 34 3C0

10

6A1
10 6 3A0

10 3 27 61 3A0
10 20A1

10 8 1C0
10 2 28 42 2E0

10
6B1

10 6 3A0
10 3 4224 61 3A0

10 20B1
10 8 1B0

10 2 40A1
540B1

5 28 42 2D0
10

6C1
10 6 3A0

10 3 4224 61 2C0
103A0

10 20C1
10 8 1D0

10 2 20B1
220C1

2 4422 42 2F0
10

6D1
10 6 3A0

10 3 4224 61 3A0
10 20D1

10 8 2D0
10 4 20R1

540C1
5 26 4122 2D0

10
6E1

10 12 3A0
10 3 214 62 3C0

106A0
10 20E1

10 8 2D0
10 4 20S1

540D1
5 26 4122 2D0

10
6A1

10 20F1
10 8 4C0

10 4 4225 42 4C0
10

6F1
10 12 3A0

10 3 4428 62 3C0
106B0

10 20G1
10 8 4C0

10 4 4225 42 4C0
10

6B1
10 20H1

10 8 10C0
10 4 4422 42 10C0

10
6G1

10 12 6A0
10 6 214 62 6A0

10 20I1
10 8 10D0

10 4 4422 42 10D0
10



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

20J1
10 16 1B0

10 2 40E1
540F1

5 216 44 4D0
1010I0

10 5A1
13 5 5A1

13 5 3227 51 1A0
13

20B1
10

20K1
10 16 5A0

10 4 20AC1
540I1

5 24 4218 10F0
10 6A1

13 6 1A0
13 1 212 61 2A0

133A0
13

20L1
10 16 1E0

10 4 20K1
120L1

1 24 4218 10G0
10 6B1

13 6 3A0
13 3 212 61 3A0

13
40A1

140B1
1

20G1
220H1

2 13A1
13 6 13C0

13 3 22 16 13B0
1313C0

13
20AA1

540G1
5 13B1

13 6 13C0
13 3 22 16 13A0

1313C0
13

20M1
10 16 5A0

10 4 20AB1
540H1

5 24 4218 10E0
10

20N1
10 16 10D0

10 4 28 28 10H0
10 26A1

13 4 1A0
13 1 34 22 13B0

1326B0
13

20O1
10 16 10C0

10 4 28 28 10H0
10 2A1

13
20P1

10 16 2F0
10 4 20I1

220J1
2 4422 28 10J0

10 26B1
13 4 1A0

13 1 34 22 13A0
1326A0

13
2A1

13
30A1

10 12 6B0
10 6 42211 62 6B0

1010D0
10 26C1

13 6 13C0
13 3 28 23 13C0

1326A0
13

30B1
10 12 6B0

10 6 42211 62 6B0
1010C0

10 26D1
13 6 13C0

13 3 28 23 13C0
1326B0

13
26E1

13 6 26E1
13 6 3324 23 2A0

13
40A1

10 8 4C0
10 4 4227 81 4C0

10 26F1
13 8 1A0

13 1 26B1
1 38 24 13D0

1326C0
13

40B1
10 8 4C0

10 4 4227 81 4C0
10 26D0

1326E0
13

2C1
1326A1

13
1A1

11 11− 2 1A0
11 1 11A1

1 12 1A0
11 26B1

13

2A1
11 2 1A0

11 1 22 21 1A0
11 39A1

13 6 1B0
13 2 39A1

139B1
1 3326 32 1B0

13
2B1

11 6 1A0
11 1 2B1

22 26 23 2B0
112A1

11 39B1
13 6 3A0

13 3 210 32 3A0
13

2C1
11 6 2B0

11 3 2C1
22 26 23 2A0

112B0
11 39C1

13 6 3A0
13 3 210 32 3A0

13
39D1

13 9 13C0
13 3 215 33 3A0

1313C0
13

3A1
11 3 3A1

11 3 24 31 1A0
11

3B1
11 6 3A1

11 3 28 32 3A1
11 52A1

13 8 13A0
13 2 3824 42 26D0

13
52B1

13 8 1B0
13 2 52A1

152B1
1 3824 42 26C0

13
4A1

11 6 2B0
11 3 2C1

22 26 4112 2B0
11 52C1

13 8 13B0
13 2 3824 42 26E0

13
4B1

11 44 + 11 6 2B0
11 3 2B1

22 26 4112 2B0
11

4C1
11 8 4A0

11 4 212 42 2A0
114A0

11 78A1
13 6 1A0

13 1 212 61 3A0
1326A0

13
4D1

11 12 4B0
11 6 4C1

22 218 43 4A0
114B0

11 78B1
13 6 1A0

13 1 212 61 3A0
1326B0

13

5A1
11 55 + 11 6 5A1

11 6 1A1
55 28 5111 1A0

11 1A1
14 14 + 2 2 1A0

14 1 7A1
2 12 1A0

14
5B1

11 12 5A1
11 6 5A1

55 216 5212 5A1
11 1B1

14 14− 4 1A0
14 1 14E1

17F1
2 2A1

7 14 1B0
141C0

14
1A1

14
6A1

11 8 3A0
11 4 2D1

33 212 6121 2A0
113A0

11
2A1

14 2 1A0
14 1 22 21 1A0

14
7A1

11 7 7A1
11 7 212 71 1A0

11 2B1
14 2 1A0

14 1 22 21 1A0
14

7B1
11 7 7B1

11 7 212 71 1A0
11 2C1

14 4 1A0
14 1 4C1

7 24 22 1B0
142B0

14
2A1

14
8A1

11 8 4A0
11 4 214 81 4A0

11 2D1
14 4 1A0

14 1 4D1
7 24 22 1B0

142A0
14

8B1
11 8 4A0

11 4 214 81 4A0
11 2B1

14
8C1

11 12 4B0
11 6 4C1

22 218 8122 4B0
11 2E1

14 4 1B0
14 2 2B1

74B1
7 22 2112 1B0

14
2F1

14 4 2B0
14 2 24 22 2B0

14
11A1

11 10 1A0
11 1 11D1

1 110 11A0
111A1

11 2G1
14 8 1A0

14 1 4F1
7 28 24 2D0

142E0
14

2C1
14

33A1
11 8 3A0

11 4 33A1
33 28 3212 3A0

11 2H1
14 8 2B0

14 2 28 24 2C0
142E0

14
33B1

11 8 3A0
11 4 33A1

33 28 3212 3A0
11 2F1

14

44A1
11 4 2A0

11 2 26 41 2A0
11 3A1

14 42 + 2, 7, 14 4 3A1
14 4 1B1

42 24 3111 1A0
14

3B1
14 6 3A0

14 3 28 32 3A0
14

2A1
13 2 1A0

13 1 32 21 1A0
13 3C1

14 6 3A0
14 3 28 32 3A0

14
2B1

13 26 + 13 3 2B1
13 3 1A1

26 23 2111 1A0
13 3D1

14 42 + 14 8 3A1
14 4 1F1

42 28 3212 1C0
143A1

14
2C1

13 4 1A0
13 1 26A1

1 34 22 1B0
132A0

13 3E1
14 12 3A0

14 3 6F1
7 216 34 3B0

143C0
14

2A1
13 3B1

14

3A1
13 6 3A0

13 3 210 32 3A0
13 4A1

14 4 2B0
14 2 26 41 2B0

14
4B1

14 4 2B0
14 2 26 41 2B0

14
4A1

13 4 4A1
13 4 3126 41 1A0

13 4C1
14 8 2B0

14 2 212 42 2E0
144A0

14



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

4B1
14 4C1

15
4D1

14 8 2B0
14 2 212 42 2E0

144A0
14 4H1

15 12 2C0
15 3 2Q1

30 216 4222 2F0
154A0

15
4A1

14 4E1
15

4E1
14 56 + 7 8 2D0

14 4 4F1
7 8A1

7 28 412112 2D0
14

4F1
14 8 4B0

14 4 212 42 4B0
14 5A1

15 8 1A0
15 1 15G1

15F1
3 15E1

5 18 5A0
155B0

15
1B1

15
5A1

14 5 5A1
14 5 28 51 1A0

14
6A1

15 6 3A0
15 3 210 61 2B0

153A0
15

6A1
14 6 3A0

14 3 210 61 2A0
143A0

14 6B1
15 6 3A0

15 3 210 61 2A0
153A0

15
6B1

14 6 3A0
14 3 210 61 3A0

14 6C1
15 6 6C1

15 6 210 61 2B0
15

6C1
14 6 3A0

14 3 210 61 3A0
14 6D1

15 9 6D1
15 9 3C1

30 214 6131 2C0
153A0

15
6D1

14 6 3A0
14 3 210 61 2B0

143A0
14

6E1
14 12 1B0

14 2 6E1
712A1

7 218 6132 2D0
143B0

14 9A1
15 9 9A1

15 9 212 33 3A0
15

7A1
14 6 1A0

14 1 7G1
2 16 7A0

141A1
14 10A1

15 4 1B0
15 2 30C1

530D1
5 24 22 1B0

15
7B1

14 12 1A0
14 1 14L1

17N1
2 14C1

7 112 7B0
147C0

14 10B1
15 4 1C0

15 2 24 22 1C0
15

1B1
147A1

14 10C1
15 8 1B0

15 2 30I1
530J1

5 28 24 2D0
155A0

15
10A1

15
8A1

14 8 2E0
14 4 210 4122 2E0

14 10D1
15 12 2E0

15 6 5D1
30 28 2414 2E0

155B0
15

8B1
14 8 2E0

14 4 210 4122 2E0
14

8C1
14 8 4A0

14 4 212 42 4A0
14 12A1

15 4 2B0
15 2 26 41 2B0

15
8D1

14 8 4A0
14 4 212 42 4A0

14 12B1
15 4 2A0

15 2 26 41 2A0
15

8E1
14 8 4A0

14 4 214 81 4A0
14 12C1

15 4 2B0
15 2 26 41 2B0

15
8F1

14 8 4A0
14 4 214 81 4A0

14 12D1
15 4 2A0

15 2 26 41 2A0
15

14A1
14 6 7A0

14 3 26 23 2B0
147A0

14 15A1
15 16 1A0

15 1 15I1
115D1

3 116 15A0
1515B0

15
14B1

14 6 7A0
14 3 26 23 2A0

147A0
14 15I1

5 5A1
15

14C1
14 12 7C0

14 6 14D1
728F1

7 26 2316 2D0
147C0

14
1A1

17 17− 2 1A0
17 1 17A1

1 22 12 1A0
17

28A1
14 8 2D0

14 4 28A1
728C1

7 26 2312 2D0
14

28B1
14 8 2D0

14 4 28A1
728B1

7 26 2312 2D0
14 2A1

17 34 + 17 3 2A1
17 3 1B1

34 25 2111 1A0
17

28C1
14 8 2D0

14 4 28A1
756A1

7 26 4114 2D0
14

3A1
17 3 3A1

17 3 27 31 1A0
17

1A1
15 15 + 3 2 1A0

15 1 5A1
3 12 1A0

15 3B1
17 51 + 17 4 3B1

17 4 1A1
51 28 3111 1A0

17
1B1

15 15− 4 1A0
15 1 15C1

15C1
33B1

5 14 1B0
151C0

15
1A1

15 4A1
17 4 4A1

17 4 210 41 1A0
17

2A1
15 2 1A0

15 1 22 21 1A0
15 5A1

17 5 5A1
17 5 213 51 1A0

17
2B1

15 2 1A0
15 1 22 21 1A0

15
2C1

15 4 1A0
15 1 24 22 1C0

152A0
15 17A1

17 4 1A0
17 1 17B1

1 24 14 17A0
1717B0

17
2B1

15 1A1
17

2D1
15 4 1A0

15 1 24 22 1C0
152B0

15 17B1
17 8 1A0

17 1 17C1
1 28 18 17C0

1717D0
17

2A1
15 17A1

17
2E1

15 6 1A0
15 1 2M1

30 26 23 2C0
152A1

15
2F1

15 30 + 5 6 2C0
15 3 6H1

53G1
101F1

30 24 2212 1B0
152C0

15 34A1
17 2 1A0

17 1 24 21 1A0
17

2G1
15 6 2C0

15 3 2N1
30 26 23 2A0

152C0
15 34B1

17 2 1A0
17 1 24 21 1A0

17
2H1

15 12 1A0
15 1 2R1

30 212 26 2E0
152F0

15 34C1
17 4 1A0

17 1 28 22 2A0
1717B0

17
2D1

152E1
15 34A1

17
34D1

17 4 1A0
17 1 28 22 2A0

1717A0
17

3A1
15 3 3A1

15 3 24 31 1A0
15 34B1

17
3B1

15 45 + 5 6 3B1
15 6 3D1

59B1
5 24 3113 1B0

15
1A1

19 19− 2 1A0
19 1 19A1

1 32 12 1A0
19

4A1
15 4 4A1

15 4 26 41 1A0
15

4B1
15 6 2C0

15 3 2N1
30 26 4112 2C0

15 2A1
19 2 1A0

19 1 3222 21 1A0
19

4C1
15 60 + 3, 5, 15 6 2C0

15 3 2M1
30 26 4112 2C0

15 2B1
19 38 + 19 3 2B1

19 3 1A1
38 26 2111 1A0

19
4D1

15 6 2C0
15 3 2I1

30 28 4121 2C0
15

4E1
15 6 2C0

15 3 2H1
30 28 4121 2C0

15 3A1
19 6 3A0

19 3 216 32 3A0
19

4F1
15 8 4A1

15 4 212 42 2A0
154A1

15
4G1

15 60 + 15 12 2C0
15 3 2R1

30 212 4214 2E0
154A0

15 4A1
19 4 4A1

19 4 31210 41 1A0
19



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

6A1
19 6 1A0

19 1 218 61 2A0
193A0

19 4B1
22 4 2B0

22 2 210 41 2B0
22

4C1
22 8 2C0

22 4 4D1
118C1

11 218 4122 2C0
22

19A1
19 6 1A0

19 1 19B1
1 36 16 19A0

191A1
19

11A1
22 10 1A0

22 1 11B1
2 210 110 11A0

221A1
22

38A1
19 6 19A0

19 3 3626 23 2A0
1919A0

19
2A1

23 2 1A0
23 1 26 21 1A0

23
76A1

19 4 2A0
19 2 3426 41 2A0

19 2B1
23 2 1A0

23 1 26 21 1A0
23

2C1
23 6 1A0

23 1 2C1
46 218 23 2A0

232B1
23

1A1
21 21 + 7 2 1A0

21 1 3A1
7 31 12 1A0

21
1B1

21 21− 4 1A0
21 1 21C1

17A1
3 32 14 1B0

211C0
21 3A1

23 69 + 23 4 3A1
23 4 1A1

69 212 3111 1A0
23

3C1
7 1A1

21
4A1

23 92 + 23 6 2A0
23 3 2C1

46 218 4112 2A0
23

2A1
21 2 1A0

21 1 3122 21 1A0
21

2B1
21 2 1A0

21 1 62 21 1A0
21 5A1

23 5 5A1
23 5 218 51 1A0

23
2C1

21 42 + 3, 7, 21 3 2C1
21 3 1A1

42 24 2111 1A0
21

2D1
21 4 1A0

21 1 14A1
3 3224 22 1C0

212A0
21 1A1

26 26 + 13 2 1A0
26 1 2B1

13 23 12 1A0
26

2A1
21 1B1

26 26 + 2 2 1A0
26 1 13A1

2 42 12 1A0
26

2E1
21 4 1A0

21 1 14B1
3 64 22 1C0

212B0
21

2B1
21 2A1

26 2 1A0
26 1 4222 21 1A0

26
2B1

26 4 2A0
26 2 210 22 2A0

26
3A1

21 3 3A1
21 3 613123 31 1A0

21
3B1

21 6 1A0
21 1 212 32 1B0

213A0
21 3A1

26 3 3A1
26 3 4127 31 1A0

26

4A1
21 4 4A1

21 4 6127 41 1A0
21 4A1

26 4 1A0
26 1 212 41 2A0

26
4B1

26 4 2A0
26 2 212 41 2A0

26
6A1

21 6 1A0
21 1 214 61 2B0

213A0
21 4C1

26 8 1A0
26 1 224 42 2C0

264A0
26

4A1
26

7A1
21 6 7A0

21 3 24 16 1B0
217A0

21
13A1

26 4 1B0
26 2 26 14 1B0

26
14A1

21 6 7A0
21 3 210 23 2A0

217A0
21 13B1

26 6 1A0
26 1 13B1

2 46 16 13A0
261B1

26
14B1

21 6 14B1
21 6 6325 23 2B0

21 13C1
26 6 13A0

26 3 29 16 1B0
2613A0

26

21A1
21 6 1C0

21 2 21A1
321B1

3 6327 32 1C0
21 26A1

26 4 2B0
26 2 4227 22 2B0

26
21B1

21 8 1A0
21 1 21I1

121C1
3 34 18 21A0

2121B0
21 26B1

26 4 2B0
26 2 4227 22 2B0

26
21C1

7 1B1
21 26C1

26 6 13A0
26 3 4626 23 2B0

2613A0
26

21C1
21 9 7A0

21 3 218 33 3A0
217A0

21
21D1

21 12 1C0
21 2 21D1

321E1
3 28 112 7B0

2121B0
21 29A1

29 2 1A0
29 1 26 12 1A0

29
29B1

29 2 1A0
29 1 26 12 1A0

29
28A1

21 4 2A0
21 2 3226 41 2A0

21
28B1

21 4 2A0
21 2 3226 41 2A0

21 58A1
29 2 1A0

29 1 28 21 1A0
29

28C1
21 4 2B0

21 2 623124 41 2B0
21 58B1

29 2 1A0
29 1 28 21 1A0

29
28D1

21 4 2B0
21 2 623124 41 2B0

21
1A1

30 30 + 3, 10, 30 2 1A0
30 1 22 12 1A0

30
42A1

21 4 1B0
21 2 3224 22 1B0

21 1B1
30 30 + 2, 5, 10 2 1A0

30 1 3A1
10 22 12 1A0

30
42B1

21 4 1C0
21 2 42A1

342B1
3 623122 22 1C0

21 1C1
30 30 + 2, 3, 6 2 1A0

30 1 5A1
6 22 12 1A0

30
42C1

21 8 1B0
21 2 3428 24 2C0

2121A0
21 1D1

30 30 + 6 4 1A0
30 1 5D1

6 24 14 1B0
301C0

30
42A1

21 1C1
30

1E1
30 30 + 30 4 1A0

30 1 24 14 1B0
301D0

30
1A1

22 22 + 2 2 1A0
22 1 11A1

2 22 12 1A0
22 1A1

30
1B1

22 22 + 22 2 1A0
22 1 22 12 1A0

22 1F1
30 30 + 5 4 1A0

30 1 6H1
53G1

10 24 14 1B0
301E0

30
2F1

15 1B1
30

2A1
22 2 1A0

22 1 24 21 1A0
22

2B1
22 44 + 11 4 1B0

22 2 2B1
114B1

11 26 2112 1B0
22 2A1

30 2 1A0
30 1 24 21 1A0

30
2C1

22 4 1B0
22 2 2C1

114A1
11 26 2112 1B0

22 2B1
30 2 1A0

30 1 24 21 1A0
30

2C1
30 2 1A0

30 1 24 21 1A0
30

3A1
22 3 3A1

22 3 27 31 1A0
22 2D1

30 2 1A0
30 1 24 21 1A0

30
3B1

22 66 + 2, 11, 22 4 3B1
22 4 1A1

66 28 3111 1A0
22 2E1

30 2 1A0
30 1 24 21 1A0

30
2F1

30 2 1A0
30 1 24 21 1A0

30
4A1

22 4 2A0
22 2 210 41 2A0

22 2G1
30 4 1A0

30 1 28 22 1C0
302A0

30



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

2B1
30 2A1

33 2 1A0
33 1 26 21 1A0

33
2H1

30 4 1A0
30 1 4E1

15 28 22 1E0
302A0

30 2B1
33 2 1A0

33 1 26 21 1A0
33

2E1
30 2C1

33 66 + 3, 11, 33 3 2C1
33 3 1C1

66 28 2111 1A0
33

2I1
30 4 1A0

30 1 4D1
15 28 22 1E0

302B0
30 2D1

33 4 1A0
33 1 6A1

11 212 22 1B0
332A0

33
2A1

30 2B1
33

2J1
30 4 1A0

30 1 28 22 1C0
302B0

30
2F1

30 3A1
33 3 3A1

33 3 210 31 1A0
33

2K1
30 4 1A0

30 1 28 22 1D0
302A0

30
2C1

30 4A1
33 4 4A1

33 4 214 41 1A0
33

2L1
30 4 1A0

30 1 28 22 1D0
302B0

30
2D1

30 33A1
33 4 1B0

33 2 33A1
1133B1

11 28 14 1B0
33

2M1
30 60 + 3, 5, 15 4 1E0

30 2 2E1
154C1

15 26 2112 1E0
30

2N1
30 4 1E0

30 2 2G1
154B1

15 26 2112 1E0
30 1A1

34 34 + 34 2 1A0
34 1 25 12 1A0

34
2O1

30 4 2A0
30 2 28 22 2A0

30 1B1
34 34 + 17 2 1A0

34 1 2A1
17 25 12 1A0

34
2P1

30 4 2A0
30 2 28 22 2A0

30 1C1
34 34 + 2 2 1A0

34 1 17A1
2 4222 12 1A0

34
2Q1

30 8 1A0
30 1 4H1

15 216 24 2D0
302E0

30
2H1

30 2A1
34 2 1A0

34 1 4224 21 1A0
34

2R1
30 60 + 15 8 1E0

30 2 2H1
154G1

15 212 2214 1F0
302D0

30 2B1
34 2 1A0

34 1 4224 21 1A0
34

2M1
30 2C1

34 4 2A0
34 2 214 22 2A0

34
2S1

30 8 2A0
30 2 216 24 2C0

302E0
30

2P1
30 3A1

34 3 3A1
34 3 41210 31 1A0

34

3A1
30 3 3A1

30 3 27 31 1A0
30 4A1

34 4 1A0
34 1 216 41 2A0

34
3B1

30 6 3A0
30 3 214 32 1D0

303A0
30 4B1

34 4 2A0
34 2 216 41 2A0

34
3C1

30 6 3A0
30 3 6D1

15 214 32 1E0
303A0

30
17A1

34 2 1A0
34 1 25 12 1A0

34
4A1

30 4 2B0
30 2 210 41 2B0

30 17B1
34 2 1A0

34 1 25 12 1A0
34

4B1
30 4 2A0

30 2 210 41 2A0
30 17C1

34 4 1A0
34 1 17B1

2 4424 14 17A0
3417B0

34
4C1

30 4 2A0
30 2 210 41 2A0

30 1C1
34

4D1
30 4 2A0

30 2 210 41 2A0
30 17D1

34 4 17A0
34 2 210 14 17A0

34
4E1

30 4 2B0
30 2 210 41 2B0

30 17E1
34 4 17B0

34 2 210 14 17B0
34

4F1
30 4 2A0

30 2 210 41 2A0
30 17F1

34 4 17B0
34 2 4424 14 17B0

34
4G1

30 4 2B0
30 2 210 41 2B0

30 17G1
34 4 17A0

34 2 4424 14 17A0
34

4H1
30 4 2A0

30 2 210 41 2A0
30

34A1
34 2 1A0

34 1 27 21 1A0
34

5A1
30 4 1B0

30 2 24 14 1B0
30 34B1

34 2 1A0
34 1 27 21 1A0

34
5B1

30 4 1C0
30 2 24 14 1C0

30 34C1
34 2 1A0

34 1 4224 21 1A0
34

5C1
30 8 1A0

30 1 5I1
6 28 18 5A0

305B0
30 34D1

34 2 1A0
34 1 4224 21 1A0

34
1D1

30 34E1
34 4 1A0

34 1 214 22 2A0
3417B0

34
5D1

30 8 1C0
30 2 10D1

15 28 18 1F0
305A0

30 34B1
34

5B1
30 34F1

34 4 1A0
34 1 214 22 2A0

3417A0
34

34A1
34

6A1
30 6 3A0

30 3 216 61 2B0
303A0

30 34G1
34 4 17B0

34 2 4428 22 17B0
34

6B1
30 6 3A0

30 3 216 61 2A0
303A0

30 34H1
34 4 17A0

34 2 4428 22 17A0
34

10A1
30 4 1B0

30 2 28 22 1B0
30 1A1

35 35 + 5 2 1A0
35 1 7A1

5 24 12 1A0
35

10B1
30 4 1C0

30 2 28 22 1C0
30

10C1
30 8 1B0

30 2 216 24 2C0
305B0

30 2A1
35 2 1A0

35 1 26 21 1A0
35

10A1
30 2B1

35 2 1A0
35 1 26 21 1A0

35
2C1

35 70 + 5, 7, 35 3 2C1
35 3 1C1

70 28 2111 1A0
35

15A1
30 8 5B0

30 4 28 18 5B0
30 2D1

35 4 1A0
35 1 212 22 1B0

352A0
35

15B1
30 8 5B0

30 4 28 18 5B0
30 2B1

35

2A1
31 2 1A0

31 1 3226 21 1A0
31 3A1

35 105 + 5, 7, 35 4 3A1
35 4 1C1

105 212 3111 1A0
35

2B1
31 2 1A0

31 1 3226 21 1A0
31

2C1
31 62 + 31 3 2C1

31 3 1A1
62 212 2111 1A0

31 4A1
35 4 4A1

35 4 214 41 1A0
35

1A1
33 33 + 33 2 1A0

33 1 24 12 1A0
33 5A1

35 4 1B0
35 2 28 14 1B0

35



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

7A1
35 6 1A0

35 1 7B1
5 212 16 7A0

351A1
35 2C1

42
2F1

42 4 1A0
42 1 212 22 1C0

422B0
42

14A1
35 6 7A0

35 3 218 23 2A0
357A0

35 2B1
42

2G1
42 4 2B0

42 2 212 22 2B0
42

1A1
37 37+ 1 1A1

37 1 3123 11 2H1
42 4 2B0

42 2 212 22 2B0
42

1A1
38 38 + 19 2 1A0

38 1 2B1
19 26 12 1A0

38 3A1
42 3 3A1

42 3 210 31 1A0
42

1B1
38 38 + 38 2 1A0

38 1 26 12 1A0
38 3B1

42 3 3B1
42 3 210 31 1A0

42

2A1
38 2 1A0

38 1 28 21 1A0
38 4A1

42 4 2A0
42 2 214 41 2A0

42
2B1

38 2 1A0
38 1 28 21 1A0

38 4B1
42 4 2B0

42 2 214 41 2B0
42

4C1
42 4 2B0

42 2 214 41 2B0
42

3A1
38 3 3A1

38 3 213 31 1A0
38 4D1

42 4 2A0
42 2 214 41 2A0

42
4E1

42 4 2B0
42 2 214 41 2B0

42
4A1

38 4 2A0
38 2 218 41 2A0

38
7A1

42 6 1A0
42 1 7B1

6 212 16 7A0
421C1

42
19A1

38 3 19A1
38 3 29 13 1A0

38 7B1
42 6 7A0

42 3 212 16 1B0
427A0

42
7C1

42 6 7A0
42 3 212 16 1C0

427A0
42

1A1
39 39 + 3 2 1A0

39 1 13A1
3 6222 12 1A0

39
14A1

42 6 7A0
42 3 218 23 2A0

427A0
42

2A1
39 2 1A0

39 1 3126 21 1A0
39

2B1
39 2 1A0

39 1 3126 21 1A0
39 21A1

42 4 1B0
42 2 28 14 1B0

42
2C1

39 2 1A0
39 1 6224 21 1A0

39 21B1
42 4 1C0

42 2 28 14 1C0
42

2D1
39 2 1A0

39 1 6224 21 1A0
39 21C1

42 4 1C0
42 2 28 14 1C0

42
2E1

39 78 + 3, 13, 39 3 2E1
39 3 1B1

78 210 2111 1A0
39 21D1

42 4 1B0
42 2 28 14 1B0

42

3A1
39 6 1A0

39 1 224 32 1B0
393A0

39 1A1
43 43+ 1 1A1

43 1 3124 11

13A1
39 2 1A0

39 1 3124 12 1A0
39 2A1

46 2 1A0
46 1 210 21 1A0

46
13B1

39 2 1A0
39 1 3124 12 1A0

39 2B1
46 2 1A0

46 1 210 21 1A0
46

13C1
39 3 13C1

39 3 28 13 1A0
39 2C1

46 92 + 23 4 1B0
46 2 2C1

234A1
23 218 2112 1B0

46
13D1

39 4 1A0
39 1 3228 14 1B0

3913B0
39

13A1
39 2A1

47 94 + 47 3 2A1
47 3 1A1

94 220 2111 1A0
47

13E1
39 4 1A0

39 1 3228 14 1B0
3913A0

39
13B1

39 1A1
51 51 + 17 2 1A0

51 1 3B1
17 28 12 1A0

51
13F1

39 4 1A0
39 1 13B1

3 6424 14 13A0
3913B0

39 1B1
51 51 + 51 2 1A0

51 1 28 12 1A0
51

1A1
39

2A1
51 2 1A0

51 1 210 21 1A0
51

26A1
39 2 1A0

39 1 3126 21 1A0
39

26B1
39 2 1A0

39 1 3126 21 1A0
39 3A1

51 3 3A1
51 3 216 31 1A0

51
26C1

39 2 1A0
39 1 6224 21 1A0

39
26D1

39 2 1A0
39 1 6224 21 1A0

39 1A1
53 53+ 1 1A1

53 1 27 11

41A1
41 2 1A0

41 1 210 12 1A0
41 1A1

55 55 + 11 2 1A0
55 1 5A1

11 28 12 1A0
55

41B1
41 2 1A0

41 1 210 12 1A0
41 1B1

55 55 + 55 2 1A0
55 1 28 12 1A0

55

1A1
42 42 + 3, 7, 21 2 1A0

42 1 2C1
21 24 12 1A0

42 2A1
55 2 1A0

55 1 210 21 1A0
55

1B1
42 42 + 2, 7, 14 2 1A0

42 1 3A1
14 24 12 1A0

42 2B1
55 2 1A0

55 1 210 21 1A0
55

1C1
42 42 + 2, 3, 6 2 1A0

42 1 7A1
6 24 12 1A0

42 2C1
55 110 + 5, 11, 55 3 2C1

55 3 1A1
110 214 2111 1A0

55
1D1

42 42 + 2, 21, 42 2 1A0
42 1 24 12 1A0

42
1E1

42 42 + 6, 7, 42 2 1A0
42 1 24 12 1A0

42 3A1
55 3 3A1

55 3 216 31 1A0
55

1F1
42 42 + 14 4 1A0

42 1 3D1
14 28 14 1B0

421C0
42

1B1
42 5A1

55 4 1A0
55 1 5B1

11 216 14 5A0
555B0

55
1A1

55
2A1

42 2 1A0
42 1 26 21 1A0

42
2B1

42 2 1A0
42 1 26 21 1A0

42 10A1
55 2 1A0

55 1 210 21 1A0
55

2C1
42 2 1A0

42 1 26 21 1A0
42 10B1

55 2 1A0
55 1 210 21 1A0

55
2D1

42 2 1A0
42 1 26 21 1A0

42
2E1

42 4 1A0
42 1 212 22 1C0

422A0
42 1A1

57 57+ 1 1A1
57 1 6123 11



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S I N L E T C S

1A1
58 58+ 1 1A1

58 1 4124 11 3A1
78 3 3A1

78 3 219 31 1A0
78

2A1
59 2 1A0

59 1 218 21 1A0
59 1A1

79 79+ 1 1A1
79 1 31210 11

1A1
61 61+ 1 1A1

61 1 3127 11 1A1
82 82+ 1 1A1

82 1 4127 11

1A1
62 62 + 31 2 1A0

62 1 2C1
31 212 12 1A0

62 1A1
83 83+ 1 1A1

83 1 212 11

2A1
62 2 1A0

62 1 214 21 1A0
62 1A1

86 86+ 1 1A1
86 1 29 11

2B1
62 2 1A0

62 1 214 21 1A0
62

2A1
87 2 1A0

87 1 218 21 1A0
87

3A1
62 3 3A1

62 3 222 31 1A0
62 2B1

87 2 1A0
87 1 218 21 1A0

87

1A1
65 65+ 1 1A1

65 1 25 11 1A1
89 89+ 1 1A1

89 1 213 11

1B1
65 65 + 65 2 1A1

65 1 210 12 1A1
65

1A1
91 91+ 1 1A1

91 1 3126 11

1A1
66 66 + 2, 11, 22 2 1A0

66 1 3B1
22 28 12 1A0

66
1B1

66 66 + 2, 33, 66 2 1A0
66 1 28 12 1A0

66 1A1
94 94 + 47 2 1A0

94 1 2A1
47 220 12 1A0

94
1C1

66 66 + 3, 11, 33 2 1A0
66 1 2C1

33 28 12 1A0
66

1A1
95 95 + 95 2 1A0

95 1 216 12 1A0
95

2A1
66 2 1A0

66 1 210 21 1A0
66

2B1
66 2 1A0

66 1 210 21 1A0
66 5A1

95 2 1A0
95 1 216 12 1A0

95
2C1

66 2 1A0
66 1 210 21 1A0

66 5B1
95 2 1A0

95 1 216 12 1A0
95

2D1
66 2 1A0

66 1 210 21 1A0
66

2E1
66 4 1A0

66 1 220 22 1B0
662A0

66 1A1
101 101+ 1 1A1

101 1 215 11

2A1
66

1A1
102 102+ 1 1A1

102 1 27 11

1A1
69 69 + 23 2 1A0

69 1 3A1
23 212 12 1A0

69
1A1

105 105 + 3, 35, 105 2 1A0
105 1 212 12 1A0

105
2A1

69 2 1A0
69 1 214 21 1A0

69 1B1
105 105 + 15, 21, 35 2 1A0

105 1 212 12 1A0
105

2B1
69 2 1A0

69 1 214 21 1A0
69 1C1

105 105 + 5, 7, 35 2 1A0
105 1 3A1

35 212 12 1A0
105

1D1
105 105 + 5, 21, 105 2 1A0

105 1 212 12 1A0
105

1A1
70 70 + 5, 14, 70 2 1A0

70 1 28 12 1A0
70

1B1
70 70 + 2, 35, 70 2 1A0

70 1 28 12 1A0
70 2A1

105 2 1A0
105 1 214 21 1A0

105
1C1

70 70 + 5, 7, 35 2 1A0
70 1 2C1

35 28 12 1A0
70 2B1

105 2 1A0
105 1 214 21 1A0

105
2C1

105 2 1A0
105 1 214 21 1A0

105
2A1

70 2 1A0
70 1 210 21 1A0

70
2B1

70 2 1A0
70 1 210 21 1A0

70 1A1
110 110 + 5, 11, 55 2 1A0

110 1 2C1
55 214 12 1A0

110
2C1

70 2 1A0
70 1 210 21 1A0

70 1B1
110 110 + 2, 55, 110 2 1A0

110 1 214 12 1A0
110

2D1
70 2 1A0

70 1 210 21 1A0
70 1C1

110 110 + 10, 11, 110 2 1A0
110 1 214 12 1A0

110
2E1

70 4 1A0
70 1 220 22 1B0

702A0
70

2D1
70 2A1

110 2 1A0
110 1 216 21 1A0

110
2B1

110 2 1A0
110 1 216 21 1A0

110
5A1

70 4 1B0
70 2 216 14 1B0

70
1A1

111 111+ 1 1A1
111 1 6129 11

7A1
70 3 7A1

70 3 212 13 1A0
70

1A1
114 114+ 1 1A1

114 1 28 11

1A1
74 74+ 1 1A1

74 1 4126 11

1A1
118 118+ 1 1A1

118 1 213 11

1A1
77 77+ 1 1A1

77 1 26 11

1A1
119 119 + 119 2 1A0

119 1 220 12 1A0
119

1A1
78 78 + 2, 39, 78 2 1A0

78 1 210 12 1A0
78

1B1
78 78 + 3, 13, 39 2 1A0

78 1 2E1
39 210 12 1A0

78 1A1
123 123+ 1 1A1

123 1 212 11

1C1
78 78 + 3, 26, 78 2 1A0

78 1 210 12 1A0
78

1A1
130 130+ 1 1A1

130 1 4127 11

2A1
78 2 1A0

78 1 212 21 1A0
78

2B1
78 2 1A0

78 1 212 21 1A0
78 1A1

131 131+ 1 1A1
131 1 220 11

2C1
78 2 1A0

78 1 212 21 1A0
78

2D1
78 2 1A0

78 1 212 21 1A0
78 1A1

138 138+ 1 1A1
138 1 210 11



C Cummins: Congruence Subgroups of Genus 0 and 1

I N L E T C S

1A1
141 141+ 1 1A1

141 1 214 11

1A1
142 142+ 1 1A1

142 1 216 11

1A1
143 143+ 1 1A1

143 1 212 11

1A1
145 145+ 1 1A1

145 1 213 11

1A1
155 155+ 1 1A1

155 1 214 11

1A1
159 159+ 1 1A1

159 1 216 11

1A1
174 174+ 1 1A1

174 1 213 11

1A1
182 182+ 1 1A1

182 1 212 11

1A1
190 190+ 1 1A1

190 1 213 11

1A1
195 195+ 1 1A1

195 1 212 11

1A1
210 210+ 1 1A1

210 1 210 11

1A1
222 222+ 1 1A1

222 1 217 11

1A1
231 231+ 1 1A1

231 1 214 11

1A1
238 238+ 1 1A1

238 1 216 11



C Cummins: Congruence Subgroups of Genus 0 and 1

L P G GT Ir C L P G GT Ir C L P G GT Ir C

1A0 1A 4˜a 1 1 1 1A0
1 15A0 15B 60˜b 1 1 1 3B0

51B0
15 27A0 9b 36˜f 1 1 1 3B0

3
15B0 15A 60˜a 1 1 1 1A0

15 27B0 27A 108˜b 1 1 1 3E0
3

2A0 2B 4A 1 1 1 2B0
11B0

2 15C0 15C 60˜d 1 1 1 1C0
15 27C0 9c 36˜g 3 1 1 9C0

13C0
3

2B0 2A 4˜b 1 1 1 1A0
2 27D0 9a 36˜b 3 1 1 3A0

3
16A0 16C 16˜e 1 1 1 4F0

1 8E0
14G0

2
3A0 3B 12˜b 1 1 1 3B0

11B0
3 16B0 16B 16d 4 1 1 4G0

18H0
116D0

1 28A0 14b 56˜b 2 1 1 14C0
12D0

7
3B0 3A 12˜a 1 1 1 1A0

3 4J0
28M0

2 28B0 14a 56˜a 2 1 1 2A0
7

16C0 1 2 2 i 4A0
1 28C0 14c 56˜c 2 1 1 2B0

7
4A0 2a 8˜a 2 1 1 2A0

1 16D0 1 2 2 i 4D0
1 28D0 28C 56a 2 1 1 2E0

74A0
72D0

14
4B0 4C 8a 2 1 1 2C0

14B0
12D0

2
17A0 17A 68˜a 1 1 1 1A0

17 29A0 29A 116˜a 1 1 1 1A0
29

5A0 5B 20˜b 1 1 1 5B0
11B0

5
5B0 5A 20˜a 1 1 1 1A0

5 18A0 18C 36A 1 1 1 6G0
13G0

2 30A0 30C 60B 1 1 1 2C0
151E0

30
18B0 6d 12˜g 1 1 1 3A0

2 30B0 30G 60C 1 1 1 2E0
151F0

30
6A0 6E 12B 1 1 1 6F0

1 3F0
2 2F0

3 18C0 18B 36˜e 1 1 1 3D0
2 30C0 30B 60˜c 1 1 1 1A0

30
1E0

6 18D0 18˜a 36˜d 1 1 1 3E0
2 30D0 30D 60˜g 1 1 1 1B0

30
6B0 6D 12˜f 1 1 1 3B0

21C0
6 18E0 18A 36˜h 1 1 1 3H0

29B0
23E0

6 30E0 30A 60˜e 1 1 1 1C0
30

6C0 6C 12A 1 1 1 2C0
31D0

6 18F0 18E 36˜k 1 1 1 3H0
29B0

23E0
6 30F0 30F 60˜l 1 1 1 1D0

30
6D0 6A 12˜d 1 1 1 1A0

6 18G0 6F 12D 3 1 1 6D0
13C0

2
6E0 6B 12˜e 1 1 1 1B0

6 18H0 18D 36B 3 1 1 6K0
118F0

1 3I0
2 31A0 31A 124˜a 1 1 1 1A0

31
9E0

26H0
33G0

6
7A0 7B 28˜b 1 1 1 7C0

11B0
7 32A0 32A 32˜e 1 1 1 4L0

2
7B0 7A 28˜a 1 1 1 1A0

7 19A0 19A 76˜a 1 1 1 1A0
19 32B0 8b 8c 2 1 1 4B0

2
32C0 16A 16˜d 2 1 1 4E0

2
8A0 8A 8˜d 1 1 1 2E0

2 20A0 20F 20˜g 1 1 1 2D0
54B0

52G0
10 32D0 8F 16a 4 1 1 8C0

14D0
2

8B0 4D 8B 2 1 1 4C0
12C0

2 20B0 10a 40˜a 2 1 1 2A0
5 32E0 8C 16˜a 4 1 1 4A0

2
8C0 8D 8E 2 1 1 4E0

18D0
12F0

2 20C0 20d 40a 2 1 1 2D0
54B0

52G0
10 32F0 1 2 2 i 4H0

2
4F0

2 32G0 1 2 2 i 4I0
2

8D0 4B 8˜b 2 1 1 2A0
2 21A0 21B 84˜b 1 1 1 7A0

31C0
21

8E0 4a 8˜c 2 1 1 2B0
2 21B0 21A 84˜a 1 1 1 1A0

21 33A0 33A 132˜a 1 1 1 3A0
111B0

33
21C0 21D 84˜d 1 1 1 1B0

21 33B0 33B 132˜b 1 1 1 1A0
33

9A0 9A 36˜a 1 1 1 3C0
1

9B0 3C 12˜c 3 1 1 3A0
1 22A0 22B 44A 1 1 1 2B0

111B0
22 34A0 34A 68˜b 1 1 1 1A0

34
9C0 9B 36˜c 3 1 1 3D0

19B0
13D0

3 22B0 22A 44˜b 1 1 1 1A0
22

35A0 35A 140˜a 1 1 1 1A0
35

10A0 10E 20C 1 1 1 10C0
15D0

22C0
5 23A0 23A 92˜a 1 1 1 1A0

23 35B0 35B 140˜c 1 1 1 1B0
35

1E0
10

10B0 10C 20˜d 1 1 1 5B0
21D0

10 24A0 24C 24˜o 1 1 1 6M0
2 2M0

6 36A0 36˜l 36˜m 1 1 1 6H0
112D0

16H0
2

10C0 10B 20A 1 1 1 2B0
51B0

10 24B0 24˜j 24˜k 1 1 1 2I0
6 36B0 36D 36˜q 1 1 1 6L0

112G0
16O0

2
10D0 10A 20˜c 1 1 1 1A0

10 24C0 24B 24˜m 1 1 1 2J0
6 36C0 6˜a 24˜i 2 1 1 6B0

1
10E0 10D 20˜e 1 1 1 1C0

10 24D0 24I 24˜r 1 1 1 2N0
6 36D0 18c 72˜a 2 1 1 6E0

1
24E0 12G 24˜h 2 1 1 6D0

22E0
6 36E0 12˜j 24˜s 2 1 1 6H0

112D0
16H0

2
11A0 11A 44˜a 1 1 1 1A0

11 24F0 12d 24A 2 1 1 4D0
32F0

6 36F0 36f 72a 2 1 1 6L0
112G0

16O0
2

24G0 24H 24˜q 2 1 1 4H0
34I0

38C0
3 36G0 1 2 2 3 6J0

118D0
16G0

3
12A0 12H 12˜h 1 1 1 2G0

34C0
32G0

6 2L0
64I0

6 36H0 3 2 2 3 6A0
1

12B0 6c 24˜c 2 1 1 6C0
12D0

3 24H0 24D 24h 2 1 1 4H0
34I0

38C0
3 36I0 3 2 2 3 6J0

118D0
16G0

3
12C0 12I 24c 2 1 1 6I0

112E0
16L0

2 2L0
64I0

6
2H0

34G0
32K0

6 24I0 12C 24˜f 2 1 1 2A0
6 38A0 38A 76˜b 1 1 1 1A0

38
12D0 6b 24˜b 2 1 1 2A0

3 24J0 12b 24˜e 2 1 1 2B0
6

12E0 6a 24˜a 2 1 1 2B0
3 24K0 12a 24˜d 2 1 1 2C0

6 39A0 39A 156˜a 1 1 1 1A0
39

12F0 12E 24b 2 1 1 2E0
34B0

32H0
6 24L0 12F 24˜g 2 1 1 2D0

6 39B0 39C 156˜c 1 1 1 1B0
39

12G0 12c 24a 2 1 1 2G0
34C0

32G0
6

25A0 5a 20˜f 1 1 1 5A0
1 40A0 40˜h 40˜i 1 1 1 2H0

10
13A0 13B 52˜b 1 1 1 13A0

11B0
13 25B0 25A 100˜a 1 1 1 5E0

1 40B0 20c 40˜e 2 1 1 10B0
22F0

10
13B0 13A 52˜a 1 1 1 1A0

13 25C0 25a 100˜b 1 1 1 5G0
125A0

15H0
5 40C0 20D 40B 2 1 1 4C0

52D0
10

25D0 1 2 1 5 5C0
1 40D0 40C 40˜k 2 1 1 4E0

52I0
10

14A0 14B 28B 1 1 1 2C0
71B0

14 40E0 20B 40˜c 2 1 1 2A0
10

14B0 14A 28˜c 1 1 1 1A0
14 26A0 26A 52˜c 1 1 1 1A0

26 40F0 20b 40˜d 2 1 1 2B0
10

14C0 14C 28˜d 1 1 1 1C0
14 26B0 26B 52˜d 1 1 1 1B0

26 40G0 20a 40˜b 2 1 1 2C0
10

Table3: Moonshine groups of genus 0.



C Cummins: Congruence Subgroups of Genus 0 and 1

L P G GT Ir C L P G GT Ir C L P G GT Ir C

40H0 20E 40˜f 2 1 1 2E0
10 60D0 30a 120˜a 2 1 1 2B0

15 87A0 87A 348˜a 1 1 1 1A0
87

60E0 60a 120a 2 1 1 2F0
154A0

15
41A0 41A 164˜a 1 1 1 1A0

41 2D0
30 88A0 44b 88A 2 1 1 4B0

112C0
22

88B0 44a 88˜b 2 1 1 2A0
22

42A0 42A 84˜e 1 1 1 1A0
42 62A0 62A 124˜b 1 1 1 1A0

62 88C0 44c 88˜c 2 1 1 2B0
22

42B0 42B 84˜f 1 1 1 1B0
42

42C0 42D 84˜g 1 1 1 1C0
42 63A0 63˜a 252˜b 1 1 1 3B0

7 90A0 30b 60˜j 1 1 1 3A0
10

63B0 21C 84˜c 3 1 1 3A0
7 90B0 90˜a 180˜f 1 1 1 3C0

10
44A0 22a 88˜a 2 1 1 2A0

11 90C0 30E 60˜i 3 1 1 3B0
10

64A0 16b 16c 2 1 1 4F0
1 8E0

14G0
2

45A0 15a 60˜h 1 1 1 3A0
5 64B0 32B 32˜d 2 1 1 8I0

14K0
2 94A0 94A 188˜b 1 1 1 1A0

94
45B0 45A 180˜a 1 1 1 3D0

5 64C0 16˜b 16˜c 2 1 1 4C0
2

45C0 15D 60˜f 3 1 1 15C0
13C0

5 64D0 1 4 2 i 2 8G0
1 95A0 95A 380˜a 1 1 1 1A0

95

46A0 46A 92A 1 1 1 2A0
231B0

46 66A0 66A 132˜c 1 1 1 1A0
66 96A0 24f 24g 2 1 1 4A0

6
46B0 46C 92˜b 1 1 1 1A0

46 66B0 66B 132˜d 1 1 1 1B0
66 96B0 24d 24e 2 1 1 4B0

6
96C0 48A 48˜i 2 1 1 4G0

6
47A0 47A 188˜a 1 1 1 1A0

47 68A0 34a 136˜a 2 1 1 2A0
17 96D0 48˜g 48˜h 2 1 1 4H0

6
96E0 24G 48˜c 4 1 1 12D0

24E0
6

48A0 48˜j 48˜k 1 1 1 4J0
38D0

34J0
6 69A0 69A 276˜a 1 1 1 1A0

69 96F0 24F 48˜f 4 1 1 4F0
6

48B0 48h 48˜n 4 1 1 4K0
38F0

3 4M0
6 96G0 1 2 2 i 4K0

6
48C0 1 2 2 i 4A0

3 70A0 70A 140˜b 1 1 1 1A0
70 96H0 1 2 2 i 4L0

6
48D0 1 2 2 i 4E0

3 70B0 70B 140˜d 1 1 1 1B0
70

48E0 1 2 2 i 4F0
3 98A0 1 2 1 7 7A0

27B0
2

71A0 71A 284˜a 1 1 1 1A0
71 98B0 1 2 1 7 7C0

27D0
2

49A0 49a 196˜a 1 1 1 7H0
1

49B0 1 2 1 7 7A0
17B0

1 72A0 72˜j 72˜k 1 1 1 6I0
2 100A0 10c 40˜g 2 1 1 10A0

1
49C0 1 2 1 7 7D0

17E0
1 72B0 72˜p 72˜q 1 1 1 6P0

2 100B0 1 2 2 5 10E0
1

72C0 72˜o 72˜r 2 1 1 12H0
16N0

2
50A0 10b 20˜h 1 1 1 5A0

2 72D0 12e 24˜l 2 1 1 6A0
2 104A0 52A 104˜c 2 1 1 2A0

26
50B0 50A 100˜c 1 1 1 5E0

2 72E0 12˜i 24˜p 2 1 1 6B0
2 104B0 52a 104˜b 2 1 1 2B0

26
50C0 50a 100˜d 1 1 1 5H0

2 72F0 12f 24˜n 2 1 1 6C0
2 104C0 52B 104˜d 2 1 1 2C0

26
50D0 1 2 1 5 5C0

2 72G0 36C 72˜c 2 1 1 6F0
2

50E0 1 2 1 5 5E0
2 72H0 36˜o 72˜i 2 1 1 6G0

2 105A0 105A 420˜a 1 1 1 1A0
105

72I0 12J 24E 6 1 1 12C0
16E0

2
51A0 51A 204˜a 1 1 1 1A0

51 72J0 1 2 1 3 6J0
26K0

2 108A0 18g 72˜e 2 1 1 6C0
3

72K0 1 2 2 3 6Q0
2 108B0 18f 72˜d 2 1 1 6D0

3
52A0 26a 104˜a 2 1 1 2A0

13 108C0 18i 72˜f 6 1 1 18C0
16F0

3
75A0 15b 60˜k 1 1 1 5A0

3 108D0 18b 72˜b 6 1 1 6A0
3

54A0 18a 36˜i 1 1 1 3A0
6 75B0 1 2 1 5 5B0

3 108E0 1 2 2 3 6I0
3

54B0 18h 36˜n 1 1 1 3B0
6 108F0 3 2 2 3 6B0

3
54C0 54A 108˜g 1 1 1 3F0

6 76A0 38a 152˜a 2 1 1 2A0
19

54D0 18e 36b 3 1 1 6E0
33C0

6 110A0 110A 220˜b 1 1 1 1A0
110

54E0 18d 36˜j 3 1 1 3D0
6 78A0 78A 156˜d 1 1 1 1A0

78
54F0 1 2 1 3 3F0

6 78B0 78B 156˜e 1 1 1 1B0
78 116A0 58a 232˜a 2 1 1 2A0

29

55A0 55A 220˜a 1 1 1 1A0
55 80A0 1 2 2 i 4A0

5 117A0 39B 156˜b 3 1 1 3A0
13

80B0 1 2 2 i 4D0
5

56A0 56A 56˜g 1 1 1 2E0
14 119A0 119A 476˜a 1 1 1 1A0

119
56B0 28a 56˜e 2 1 1 2A0

14 81A0 9d 36˜p 1 1 1 9A0
1

56C0 28A 56˜d 2 1 1 2B0
14 81B0 27a 108˜c 1 1 1 9E0

1 120A0 120˜g 120˜h 1 1 1 2E0
30

56D0 28D 56˜f 2 1 1 2C0
14 81C0 27b 108˜a 3 1 1 9D0

1 120B0 60A 120˜d 2 1 1 2A0
30

81D0 27c 108˜d 3 1 1 9H0
19I0

127A0
1 120C0 60b 120˜f 2 1 1 2B0

30
59A0 59A 236˜a 1 1 1 1A0

59 9F0
3 9G0

3 120D0 60E 120˜i 2 1 1 2C0
30

60A0 60D 60˜m 1 1 1 2F0
154A0

15 84A0 42a 168˜a 2 1 1 2A0
21 121A0 1 2 1 11 11A0

111B0
1

2D0
30 84B0 42b 168˜b 2 1 1 2B0

21
60B0 30c 120˜b 2 1 1 6B0

52D0
15 84C0 42d 168˜e 2 1 1 2C0

21 125A0 1 2 1 5 5D0
55E0

5
60C0 30d 120˜c 2 1 1 2A0

15



C Cummins: Congruence Subgroups of Genus 0 and 1

L P G GT Ir C L P G GT Ir C L P G GT Ir C

126A0 42c 84˜h 1 1 1 3A0
14 200B0 2 2 1 5 10C0

2 360A0 60c 120˜l 2 1 1 6A0
10

126B0 126˜a 252˜c 1 1 1 3C0
14 360B0 60e 120˜m 2 1 1 6B0

10
126C0 42C 84C 3 1 1 6B0

73B0
14 204A0 102a 408˜a 2 1 1 2A0

51 360C0 60F 120˜j 6 1 1 6C0
10

128A0 16e 16f 2 1 1 8G0
2 216A0 36h 72˜l 2 1 1 6A0

6 384A0 48e 48f 2 1 1 8A0
6

128B0 16g 16h 2 1 1 8H0
2 216B0 36a 72˜g 2 1 1 6B0

6 384B0 48c 48d 2 1 1 8B0
6

128C0 32b 32˜c 4 1 1 8K0
2 216C0 36d 72˜h 2 1 1 6C0

6 384C0 96˜a 96˜b 4 1 1 8C0
6

128D0 2 2 2 i 8S0
2 216D0 36c 72˜m 2 1 1 6D0

6
216E0 36e 72b 6 1 1 12N0

3 6F0
6 392A0 2 2 1 7 14A0

214B0
2

132A0 66a 264˜a 2 1 1 2A0
33 216F0 36g 72˜n 6 1 1 6E0

6
416A0 104A 208˜a 4 1 1 4A0

26
135A0 45a 180˜b 1 1 1 3A0

15 224A0 56b 56c 2 1 1 4A0
14

135B0 45b 180˜c 3 1 1 3B0
15 224B0 56B 112˜c 4 1 1 4C0

14 432A0 3 2 2 i 12E0
3

136A0 68A 136˜b 2 1 1 2A0
34 225A0 3 2 1 15 15A0

115B0
1 441A0 3 2 1 7 21A0

121B0
1

140A0 70a 280˜a 2 1 1 2A0
35 243A0 27d 108˜e 3 1 1 9A0

3 448A0 112˜a 112˜b 2 1 1 4B0
14

243B0 27e 108˜h 3 1 1 9B0
3

144A0 1 2 2 i 12F0
1 500A0 2 2 1 5 10J0

510L0
5

144B0 3 2 2 i 12A0
1 252A0 3 2 2 3 6A0

7
512A0 64a 8 1 1 16D0

2
150A0 30e 60˜n 1 1 1 5A0

6 256A0 32c 32d 2 1 1 8L0
116F0

1 8W0
2 512B0 2 2 2 i 16C0

2
150B0 1 2 1 5 5B0

6 256B0 32˜a 32˜b 4 1 1 8A0
2 512C0 2 2 2 2 16B0

2
256C0 32e 8 1 1 8P0

1 8Q0
116H0

1
152A0 76a 152˜b 2 1 1 2A0

38 16I0
132A0

18Y 0
2 576A0 48˜l 48˜m 2 1 1 12C0

2
8Z0

28AB0
216E0

2
160A0 40b 40c 2 1 1 4B0

10 256D0 32a 8 1 1 16C0
18J0

2 600A0 60d 120˜n 2 1 1 10A0
6

160B0 80˜d 80˜e 2 1 1 4E0
10 256E0 2 2 2 i 8F0

2
160C0 40d 80a 4 1 1 8A0

54D0
10 256F0 2 2 1 2 8A0

18B0
1 648A0 36˜s 72˜t 2 1 1 18A0

2
160D0 40A 80˜a 4 1 1 4A0

10 256G0 2 2 2 2 8T0
2 648B0 36i 72˜s 2 1 1 18B0

2
256H0 2 2 2 2 8F0

1 648C0 108˜k 216˜c 6 1 1 18C0
2

162A0 18j 36˜r 1 1 1 9A0
2 256I0 2 2 2 2 8I0

2
162B0 54a 108˜i 1 1 1 9D0

2 256J0 2 4 2 i 2 8B0
28C0

2 675A0 45c 180˜g 3 1 1 15A0
3

162C0 54˜a 108˜f 3 1 1 9C0
2 256K0 2 4 4 i 2 8J0

18K0
116E0

1
162D0 54b 108˜j 3 1 1 9F0

2 9G0
29C0

6 8L0
28U0

2 8V 0
2 756A0 126a 504˜a 6 1 1 6A0

21

164A0 82a 328˜a 2 1 1 2A0
41 264A0 132a 264˜b 2 1 1 2A0

66 768A0 2 2 1 2 8A0
38B0

3
768B0 2 2 2 2 8E0

3
168A0 84a 168˜d 2 1 1 2A0

42 270A0 90a 180˜d 1 1 1 3A0
30

168B0 84A 168˜c 2 1 1 2B0
42 270B0 90b 180˜e 3 1 1 3B0

30 800A0 40e 80˜f 4 1 1 20A0
2

168C0 84B 168˜f 2 1 1 2C0
42

279A0 93A 372˜a 3 1 1 3A0
31 864A0 72c 72d 2 1 1 12H0

6
171A0 57A 228˜a 3 1 1 3A0

19 864B0 72e 144˜e 12 1 1 12P0
6

280A0 140a 280˜b 2 1 1 2A0
70

175A0 35a 140˜e 1 1 1 5A0
7 972A0 54d 216˜b 6 1 1 18A0

3
288A0 24i 24j 2 1 1 12B0

2
176A0 1 2 2 i 4A0

11 288B0 144˜c 144˜d 2 1 1 12F0
2 1024A0 2 2 1 2 16A0

116B0
1

288C0 24˜t 48˜o 4 1 1 12A0
2 1024B0 4 2 2 2 16G0

1
180A0 30˜a 120˜e 2 1 1 6A0

5 288D0 24J 48g 12 1 1 24A0
112E0

2 1024C0 4 2 2 2 16A0
2

189A0 63a 252˜a 3 1 1 3A0
21 300A0 30f 120˜k 2 1 1 10A0

3 1280A0 160˜a 160˜b 4 1 1 8A0
10

192A0 48a 48b 2 1 1 4J0
38D0

34J0
6 320A0 80˜b 80˜c 2 1 1 4C0

10 1728A0 144˜a 144˜b 2 1 1 12G0
6

192B0 48˜a 48˜b 2 1 1 4C0
6

192C0 48˜d 48˜e 2 1 1 4D0
6 324A0 54c 216˜a 6 1 1 18E0

1 2304A0 96a 24 1 1 48A0
124C0

2
324B0 2 2 1 3 18A0

118B0
1 2304B0 2 2 2 i 24A0

2
196A0 2 2 1 7 14A0

114B0
1 2304C0 2 2 2 2 24B0

2
351A0 117a 468˜a 3 1 1 3A0

39
200A0 20e 40˜j 2 1 1 10A0

2



C Cummins: Congruence Subgroups of Genus 0 and 1

P G GT Ir C P G GT Ir C P G GT Ir C

11A1 1 1 1 11A1
11A1

11 32A1 2 1 1 4C1
2 45B1 1 1 1 3A1

5
32B1 4 1 1 8A1

14B1
2 45C1 1 1 1 3D1

59B1
53B1

15
14A1 1 1 1 14E1

17F1
2 2A1

7 32C1 4 1 1 8B1
116A1

14D1
2 45D1 1 1 1 3D1

59B1
53B1

15
1B1

14 8H1
2

14B1 1 1 1 7A1
21A1

14 32D1 4 1 1 8F1
1 16E1

132A1
1 48A1 1 1 1 4F1

3 8D1
34N1

6
4F1

2 8X1
216I1

2 48B1 1 1 1 4I1
38K1

316E1
3

15A1 1 1 1 15C1
15C1

33B1
5 32E1 4 1 1 4A1

2 4V 1
6 8O1

6
1B1

15 48C1 1 2 2 i 12A1
14B1

3
15B1 1 1 1 5A1

31A1
15 33A1 1 1 1 1A1

33 48D1 1 2 2 i 12I1
14G1

3

17A1 1 1 1 17A1
11A1

17 34A1 1 1 1 17A1
21C1

34 49A1 1 1 1 7B1
149A1

17A1
7

34B1 1 1 1 2A1
171B1

34
19A1 1 1 1 19A1

11A1
19 34C1 1 1 1 1A1

34 50A1 1 1 1 10B1
15A1

2
50B1 1 1 1 10I1

15D1
2

20A1 2 1 1 10A1
12B1

5 35A1 1 1 1 7A1
51A1

35 50C1 1 1 1 5E1
225A1

25A1
10

20B1 2 1 1 10G1
120E1

1 50D1 1 2 1 5 10F1
1 5C1

2
10F1

2 2D1
54D1

5 36A1 2 1 1 6B1
1

2H1
10 36B1 2 1 1 6E1

112K1
16M1

2 51A1 1 1 1 3B1
171A1

51
20C1 2 1 1 2A1

5 36C1 6 1 1 6A1
1 51B1 1 1 1 1B1

51
20D1 2 1 1 2C1

54A1
52E1

10 36D1 6 1 1 6C1
112B1

16C1
2

36E1 6 1 1 6D1
118C1

16D1
3 52A1 2 1 1 26A1

12C1
13

21A1 1 1 1 21C1
17A1

33C1
7 36F1 6 1 1 6F1

1 12T1
1 18J1

1 52B1 2 1 1 2A1
13

1B1
21 36C1

16Q1
218F1

2
21B1 1 1 1 3A1

71A1
21 6K1

312P1
3 6I1

6 53A1 1 1 1 1A1
53

22A1 1 1 1 11A1
21A1

22 37A1 1 1 1 1A1
37 54A1 1 1 1 9A1

23C1
6

22B1 1 1 1 1B1
22 54B1 1 1 1 9B1

23D1
6

38A1 1 1 1 2B1
191A1

38 54C1 1 1 1 6C1
33B1

6
24A1 2 1 1 12F1

1 6I1
24C1

3 38B1 1 1 1 1B1
38 54D1 1 1 1 6J1

33E1
6

2G1
6 54E1 1 1 1 3A1

6
24B1 2 1 1 12Q1

124I1
16P1

2 39A1 1 1 1 13A1
31A1

39 54F1 1 1 1 3F1
6

12V 1
2 4H1

38J1
3

2H1
64U1

6 40A1 1 1 1 2F1
10 55A1 1 1 1 5A1

111A1
55

24C1 2 1 1 6B1
22B1

6 40B1 1 1 1 2I1
10 55B1 1 1 1 1B1

55
24D1 2 1 1 4A1

32D1
6 40C1 2 1 1 20F1

1 10E1
24E1

5
24E1 2 1 1 4D1

32E1
6 2G1

10 56A1 1 1 1 2F1
14

24F1 2 1 1 4E1
38C1

32F1
6 40D1 2 1 1 10B1

22B1
10 56B1 1 1 1 2H1

14
4M1

6 40E1 2 1 1 4B1
52C1

10 56C1 2 1 1 4C1
72C1

14
24G1 2 1 1 2A1

6 40F1 2 1 1 2A1
10 56D1 2 1 1 4D1

72D1
14

24H1 2 1 1 2C1
6 40G1 2 1 1 2D1

10 56E1 2 1 1 4F1
7 8A1

72G1
14

4E1
14

26A1 1 1 1 13A1
21B1

26 42A1 1 1 1 7A1
61C1

42 56F1 2 1 1 2A1
14

26B1 1 1 1 2B1
131A1

26 42B1 1 1 1 3A1
141B1

42 56G1 2 1 1 2B1
14

42C1 1 1 1 3D1
141F1

42
27A1 3 1 1 9A1

13A1
3 42D1 1 1 1 2C1

211A1
42 57A1 1 1 1 1A1

57
27B1 3 1 1 9D1

127A1
13B1

3 42E1 1 1 1 1D1
42

9D1
3 42F1 1 1 1 1E1

42 58A1 1 1 1 1A1
58

28A1 1 1 1 2B1
74B1

72E1
14 43A1 1 1 1 1A1

43 60A1 1 1 1 2G1
154B1

15
28B1 2 1 1 2B1

74B1
72E1

14 2N1
30

44A1 1 1 1 2C1
114A1

11 60B1 2 1 1 2A1
15

30A1 1 1 1 6H1
53G1

102F1
15 2C1

22 60C1 2 1 1 2B1
15

1F1
30 44B1 2 1 1 2A1

11 60D1 2 1 1 2C1
15

30B1 1 1 1 5A1
61C1

30 44C1 2 1 1 2B1
114B1

11 60E1 2 1 1 2D1
15

30C1 1 1 1 5D1
61D1

30 2B1
22 60F1 2 1 1 2E1

154C1
15

30D1 1 1 1 3A1
101B1

30 44D1 2 1 1 2C1
114A1

11 2M1
30

30E1 1 1 1 1A1
30 2C1

22 60G1 2 1 1 2G1
154B1

15
30F1 1 1 1 1E1

30 2N1
30

45A1 1 1 1 15E1
13C1

5 60H1 2 1 1 2H1
154G1

15

Table 4: Moonshine groups of genus 1.



C Cummins: Congruence Subgroups of Genus 0 and 1

P G GT Ir C P G GT Ir C P G GT Ir C

2R1
30 80A1 1 1 1 4F1

5 8B1
54K1

10 7E1
2

80B1 1 1 1 4G1
58C1

54J1
10 98C1 1 2 1 7 7C1

27D1
2

61A1 1 1 1 1A1
61 80C1 1 2 2 i 20D1

14C1
5

99A1 1 1 1 3A1
11

62A1 1 1 1 2C1
311A1

62 81A1 1 1 1 9H1
1 99B1 1 1 1 3B1

11
81B1 1 2 1 3 9B1

19C1
1

63A1 1 1 1 3B1
7 100A1 2 1 1 10E1

1
63B1 1 1 1 3D1

7 82A1 1 1 1 1A1
82 100B1 2 2 1 5 10C1

1

64A1 1 1 1 8I1
116H1

18AD1
2 83A1 1 1 1 1A1

83 101A1 1 1 1 1A1
101

64B1 2 1 1 8C1
14E1

2
64C1 1 4 2 i 2 8E1

1 84A1 2 1 1 14A1
32D1

21 102A1 1 1 1 1A1
102

64D1 4 4 2 i 2 8I1
116H1

18AD1
2 84B1 2 1 1 14B1

32E1
21

84C1 2 1 1 2A1
21 104A1 1 1 1 2B1

26
65A1 1 1 1 1A1

65 84D1 2 1 1 2B1
21 104B1 2 1 1 2A1

26
65B1 1 1 1 1B1

65
86A1 1 1 1 1A1

86 105A1 1 1 1 3A1
351C1

105
66A1 1 1 1 3B1

221A1
66 105B1 1 1 1 1A1

105
66B1 1 1 1 2C1

331C1
66 88A1 2 1 1 2A1

22 105C1 1 1 1 1B1
105

66C1 1 1 1 1B1
66 105D1 1 1 1 1D1

105
89A1 1 1 1 1A1

89
69A1 1 1 1 3A1

231A1
69 108A1 2 1 1 6G1

3
90A1 1 1 1 15D1

23F1
10 108B1 3 1 1 6H1

312G1
36C1

6
70A1 1 1 1 2C1

351C1
70 90B1 1 1 1 6D1

53D1
10 108C1 6 1 1 6A1

3
70B1 1 1 1 1A1

70 90C1 1 1 1 3B1
10 108D1 6 1 1 6F1

3 12F1
3 6D1

6
70C1 1 1 1 1B1

70 90D1 1 1 1 3C1
10 108E1 6 1 1 6H1

312G1
36C1

6
90E1 1 1 1 3E1

10 108F1 1 2 2 3 6B1
3

72A1 1 1 1 6H1
2 90F1 1 1 1 3H1

10 108G1 1 2 2 3 6I1
3

72B1 1 1 1 6N1
2 108H1 3 2 2 3 18D1

16E1
3

72C1 2 1 1 12C1
16E1

2 91A1 1 1 1 1A1
91 108I1 3 2 2 3 18K1

16L1
3

72D1 2 1 1 12M1
1 6K1

2
72E1 2 1 1 12U1

1 6R1
2 92A1 2 1 1 2A1

23 110A1 1 1 1 2C1
551A1

110
72F1 2 1 1 6A1

2 92B1 2 1 1 2B1
23 110B1 1 1 1 1B1

110
72G1 2 1 1 6D1

2 92C1 2 1 1 2C1
234A1

23 110C1 1 1 1 1C1
110

72H1 2 1 1 6F1
2 2C1

46
72I1 2 1 1 6G1

2 111A1 1 1 1 1A1
111

72J1 2 1 1 6G1
2 94A1 1 1 1 2A1

471A1
94

72K1 2 1 1 6O1
218B1

26E1
6 112A1 1 2 2 i 4A1

7
72L1 2 1 1 6O1

218B1
26E1

6 95A1 1 1 1 1A1
95 112B1 1 2 2 i 4E1

7
72M1 2 2 1 3 12L1

112N1
1 6J1

2
6L1

2 96A1 1 1 1 4Y 1
6 114A1 1 1 1 1A1

114
96B1 1 1 1 4Y 1

6
74A1 1 1 1 1A1

74 96C1 2 1 1 12E1
24K1

6 117A1 1 1 1 3A1
13

96D1 2 1 1 12U1
2 4S1

6
75A1 1 1 1 15B1

15B1
3 96E1 2 1 1 4A1

6 118A1 1 1 1 1A1
118

75B1 1 1 1 5D1
3 96F1 2 1 1 4D1

6
75C1 1 1 1 5G1

3 96G1 2 1 1 4F1
6 119A1 1 1 1 1A1

119
75D1 1 2 1 5 5D1

3 96H1 2 1 1 4G1
6

96I1 2 1 1 4H1
6 120A1 1 1 1 2O1

30
76A1 2 1 1 2A1

19 96J1 2 1 1 4I1
6 120B1 1 1 1 2P1

30
96K1 2 1 1 4L1

6 120C1 1 1 1 2S1
30

77A1 1 1 1 1A1
77 96L1 2 1 1 4Q1

6 120D1 2 1 1 4D1
152I1

30
96M1 1 2 2 i 12W1

2 4X1
6 120E1 2 1 1 4E1

152H1
30

78A1 1 1 1 2E1
391B1

78 96N1 1 2 2 i 4O1
6 120F1 2 1 1 4H1

152Q1
30

78B1 1 1 1 1A1
78 96O1 1 2 2 i 4P1

6 120G1 2 1 1 2A1
30

78C1 1 1 1 1C1
78 96P1 1 2 2 i 4W1

6 120H1 2 1 1 2B1
30

120I1 2 1 1 2C1
30

79A1 1 1 1 1A1
79 98A1 1 1 1 7H1

2 120J1 2 1 1 2D1
30

98B1 1 2 1 7 14C1
114D1

17B1
2 120K1 2 1 1 2E1

30



C Cummins: Congruence Subgroups of Genus 0 and 1

P G GT Ir C P G GT Ir C P G GT Ir C

120L1 2 1 1 2F1
30 150A1 1 1 1 15E1

25C1
6 180F1 2 1 1 6G1

5
120M1 2 1 1 2G1

30 150B1 1 1 1 10B1
35B1

6 180G1 1 2 2 3 6C1
5

120N1 2 1 1 2J1
30 150C1 1 1 1 5E1

6
120O1 2 1 1 2K1

30 150D1 1 2 1 5 5E1
6 182A1 1 1 1 1A1

182
120P1 2 1 1 2L1

30
152A1 2 1 1 2A1

38 184A1 2 1 1 2A1
46

123A1 1 1 1 1A1
123 152B1 2 1 1 2B1

38 184B1 2 1 1 2B1
46

124A1 2 1 1 2A1
31 153A1 1 1 1 3A1

17 189A1 1 1 1 3A1
21

124B1 2 1 1 2B1
31 189B1 3 1 1 3B1

21
155A1 1 1 1 1A1

155
126A1 1 1 1 6F1

7 3E1
14 190A1 1 1 1 1A1

190
126B1 1 1 1 3B1

14 156A1 2 1 1 2A1
39

126C1 1 1 1 3C1
14 156B1 2 1 1 2B1

39 192A1 2 1 1 4F1
3 8D1

34N1
6

156C1 2 1 1 2C1
39 192B1 2 1 1 4I1

38K1
316E1

3
128A1 2 1 1 16D1

18N1
2 156D1 2 1 1 2D1

39 4V 1
6 8O1

6
128B1 2 1 1 8B1

2 192C1 2 1 1 8E1
34J1

6
128C1 2 1 1 8C1

2 159A1 1 1 1 1A1
159 192D1 2 1 1 8F1

3 4E1
6

128D1 2 1 1 8M1
2 192E1 2 1 1 8L1

34R1
6

128E1 2 1 1 8AA1
2 160A1 2 1 1 4C1

10 192F1 2 1 1 8M1
3 4T1

6
128F1 2 2 1 i 8K1

28L1
2 160B1 2 1 1 4G1

10 192G1 2 1 1 4B1
6

128G1 2 4 2 i 2 8U1
2 160C1 2 1 1 4H1

10 192H1 2 1 1 4C1
6

160D1 4 1 1 8A1
54F1

10 192I1 1 4 2 i 2 8I1
3

130A1 1 1 1 1A1
130 160E1 4 1 1 8E1

54N1
10

160F1 4 1 1 4A1
10 195A1 1 1 1 1A1

195
131A1 1 1 1 1A1

131 160G1 4 1 1 4B1
10

160H1 4 1 1 4E1
10 196A1 2 1 1 14K1

1
132A1 2 1 1 6A1

112D1
33 160I1 1 2 2 i 4L1

10 196B1 2 2 1 7 14A1
114B1

1
132B1 2 1 1 2A1

33 160J1 1 2 2 i 4M1
10 196C1 2 2 1 7 14F1

1 14G1
1

132C1 2 1 1 2B1
33

162A1 1 1 1 18E1
19D1

2 198A1 1 1 1 3A1
22

135A1 1 1 1 3A1
15 162B1 1 1 1 18I1

19I1
2

162C1 1 1 1 9C1
2 200A1 1 1 1 10C1

2
136A1 1 1 1 2C1

34 162D1 1 1 1 9J1
227A1

29H1
6 200B1 2 1 1 10A1

2
136B1 2 1 1 2A1

34 200C1 2 1 1 10G1
2

136C1 2 1 1 2B1
34 168A1 1 1 1 2G1

42 200D1 2 1 1 10H1
2

168B1 1 1 1 2H1
42 200E1 2 2 1 5 10G1

2
138A1 1 1 1 1A1

138 168C1 2 1 1 2A1
42

168D1 2 1 1 2B1
42 204A1 2 1 1 2A1

51
140A1 2 1 1 2A1

35 168E1 2 1 1 2C1
42

140B1 2 1 1 2B1
35 168F1 2 1 1 2D1

42 208A1 1 2 2 i 4A1
13

140C1 2 1 1 2D1
35 168G1 2 1 1 2E1

42
168H1 2 1 1 2F1

42 210A1 1 1 1 1A1
210

141A1 1 1 1 1A1
141

171A1 1 1 1 3A1
19 216A1 1 1 1 6F1

6
142A1 1 1 1 1A1

142 216B1 1 1 1 6G1
6

174A1 1 1 1 1A1
174 216C1 2 1 1 6A1

6
143A1 1 1 1 1A1

143 216D1 2 1 1 6B1
6

175A1 1 2 1 5 5A1
7 216E1 2 1 1 6H1

6
144A1 1 1 1 12O1

124G1
1 216F1 2 2 1 3 6H1

6
12N1

2 176A1 1 1 1 4D1
118C1

11
144B1 3 1 1 12J1

124E1
1 4C1

22 220A1 2 1 1 2A1
55

12H1
2 176B1 1 2 2 i 4C1

11 220B1 2 1 1 2B1
55

144C1 1 2 2 i 12G1
1

144D1 1 2 2 i 12R1
1 180A1 2 1 1 30D1

16E1
5 222A1 1 1 1 1A1

222
144E1 1 4 2 i 3 12H1

1 180B1 2 1 1 6A1
5

144F1 3 4 2 i 3 12E1
1 180C1 2 1 1 6B1

5 224A1 2 1 1 4A1
14

180D1 2 1 1 6F1
5 224B1 2 1 1 4B1

14
145A1 1 1 1 1A1

145 180E1 2 1 1 6G1
5 224C1 2 1 1 4C1

14



C Cummins: Congruence Subgroups of Genus 0 and 1

P G GT Ir C P G GT Ir C P G GT Ir C

224D1 2 1 1 4D1
14 280C1 2 1 1 2C1

70 360C1 2 1 1 6B1
10

224E1 1 2 2 i 4F1
14 280D1 2 1 1 2D1

70 360D1 2 1 1 6C1
10

280E1 2 1 1 2E1
70 360E1 2 1 1 6D1

10
225A1 3 1 1 15A1

1 360F1 2 1 1 6E1
10

225B1 3 1 1 15F1
1 288A1 2 1 1 12C1

2 360G1 2 1 1 6F1
10

225C1 3 2 1 5 15D1
1 288B1 2 1 1 12I1

2
288C1 2 1 1 12J1

2 363A1 1 2 1 11 11A1
311B1

3
231A1 1 1 1 1A1

231 288D1 4 1 1 24F1
1 12F1

2
288E1 4 1 1 24J1

112X1
2 378A1 1 1 1 3A1

42
234A1 1 1 1 3A1

26 288F1 4 1 1 12A1
2 378B1 1 1 1 3B1

42
288G1 4 1 1 12B1

2
236A1 2 1 1 2A1

59 288H1 4 1 1 12G1
2 384A1 2 1 1 24P1

2 8L1
6

288I1 4 1 1 12K1
2 384B1 2 1 1 8C1

6
238A1 1 1 1 1A1

238 288J1 4 1 1 12K1
2 384C1 2 1 1 8E1

6
288K1 1 2 2 i 12Q1

2 384D1 2 1 1 8F1
6

240A1 1 2 2 i 4A1
15 288L1 1 2 2 i 12R1

2 384E1 2 1 1 8H1
6

240B1 1 2 2 i 4F1
15 288M1 4 2 1 3 12L1

2 384F1 2 1 1 8I1
6

288N1 1 4 2 i 3 12O1
212P1

2 384G1 2 1 1 8J1
6

243A1 3 1 1 27B1
19C1

3 384H1 2 1 1 8K1
6

243B1 3 1 1 9A1
3 297A1 1 1 1 3A1

33 384I1 2 4 2 i 2 8W1
6

243C1 3 1 1 9E1
3 384J1 2 4 2 i 2 8X1

6
300A1 2 1 1 10A1

3
248A1 2 1 1 2A1

62 300B1 2 2 1 5 10C1
3 392A1 1 2 1 7 14I1

214J1
2

248B1 2 1 1 2B1
62 392B1 2 2 1 7 14A1

214B1
2

304A1 1 2 2 i 4A1
19 392C1 2 2 1 7 14C1

214F1
2

252A1 2 1 1 6C1
7 392D1 2 2 1 7 14D1

214E1
2

252B1 2 1 1 6D1
7 306A1 1 1 1 3A1

34 392E1 2 2 1 7 14G1
214H1

2
252C1 6 1 1 6A1

7
252D1 6 1 1 6B1

7 312A1 2 1 1 2A1
78 400A1 1 2 2 i 20A1

1
252E1 6 1 1 6E1

712A1
76E1

14 312B1 2 1 1 2B1
78

312C1 2 1 1 2C1
78 405A1 1 1 1 9A1

5
256A1 2 1 1 8D1

116C1
18T1

2 312D1 2 1 1 2D1
78 405B1 1 1 1 9C1

5
256B1 2 1 1 8H1

116I1
18AE1

2
256C1 4 1 1 16B1

18G1
2 320A1 2 1 1 20D1

24I1
10 416A1 2 1 1 4B1

26
256D1 4 1 1 16F1

1 8W1
2 320B1 2 1 1 4F1

5 8B1
54K1

10 416B1 4 1 1 4A1
26

256E1 4 1 1 8A1
2 320C1 2 1 1 4G1

58C1
54J1

10 416C1 4 1 1 4C1
26

256F1 2 2 2 i 8D1
2 320D1 2 1 1 4D1

10
256G1 2 2 2 i 8S1

2 320E1 1 4 2 i 2 8D1
5 420A1 2 1 1 2A1

105
256H1 2 2 2 2 8I1

2 420B1 2 1 1 2B1
105

256I1 2 4 2 i 2 8D1
116C1

18T1
2 324A1 2 1 1 18A1

1 420C1 2 1 1 2C1
105

256J1 4 4 2 i 2 8P1
2 324B1 2 1 1 18F1

1
324C1 1 2 2 3 18B1

1 425A1 1 1 1 5A1
17

264A1 2 1 1 2A1
66 324D1 1 2 2 3 18G1

1
264B1 2 1 1 2B1

66 432A1 3 1 1 12Q1
324N1

3
264C1 2 1 1 2C1

66 325A1 1 1 1 5A1
13 12T1

6
264D1 2 1 1 2D1

66 432B1 1 2 2 i 12E1
3

264E1 2 1 1 2E1
66 336A1 1 2 2 i 4A1

21 432C1 3 2 2 i 12J1
3

432D1 3 4 2 i 3 12N1
3

270A1 1 1 1 6D1
153C1

30 342A1 1 1 1 3A1
38

270B1 1 1 1 3A1
30 440A1 2 1 1 2A1

110
270C1 1 1 1 3B1

30 348A1 2 1 1 2A1
87 440B1 2 1 1 2B1

110
348B1 2 1 1 2B1

87
272A1 1 2 2 i 4A1

17 441A1 1 2 1 7 21F1
1 21G1

1
350A1 1 1 1 5A1

14
276A1 2 1 1 2A1

69 450A1 1 1 1 15C1
2

276B1 2 1 1 2B1
69 351A1 3 1 1 3A1

39 450B1 1 2 1 15 15A1
215B1

2

280A1 2 1 1 2A1
70 360A1 1 1 1 6G1

10 459A1 1 1 1 3A1
51

280B1 2 1 1 2B1
70 360B1 2 1 1 6A1

10



C Cummins: Congruence Subgroups of Genus 0 and 1

P G GT Ir C P G GT Ir C P G GT Ir C

468A1 2 1 1 6B1
13 640A1 2 1 1 8D1

10 960A1 2 1 1 4A1
30

468B1 6 1 1 6A1
13 640B1 2 1 1 8E1

10 960B1 2 1 1 4E1
30

960C1 2 1 1 4G1
30

480A1 2 1 1 4B1
30 648A1 2 1 1 18A1

2
480B1 2 1 1 4C1

30 648B1 2 1 1 18C1
2 972A1 6 1 1 18A1

3
480C1 2 1 1 4D1

30 648C1 1 2 1 3 18D1
218E1

2 972B1 6 1 1 18B1
3

480D1 2 1 1 4F1
30 972C1 6 1 1 18C1

3
480E1 2 1 1 4H1

30 672A1 2 1 1 4B1
42 972D1 3 2 2 3 18D1

3
672B1 2 1 1 4C1

42
484A1 2 2 1 11 22A1

122B1
1 672C1 2 1 1 4E1

42 1024A1 4 2 2 2 32B1
116G1

2
1024B1 4 2 2 2 16A1

2
486A1 1 1 1 9A1

6 675A1 1 1 1 15A1
3 1024C1 4 2 2 2 16B1

2
486B1 1 1 1 9B1

6 675B1 3 2 1 5 15B1
3 1024D1 4 2 2 2 16H1

2
486C1 1 1 1 9C1

6 1024E1 4 2 1 2 16P1
2

684A1 6 1 1 6A1
19 1024F1 2 4 2 i 2 16K1

116L1
1

495A1 1 1 1 3A1
55 32C1

132D1
1

700A1 2 1 1 10A1
7 16Q1

216R1
2

504A1 2 1 1 6A1
14 700B1 2 1 1 10B1

7
504B1 2 1 1 6B1

14 1080A1 2 1 1 6A1
30

504C1 2 1 1 6C1
14 702A1 1 1 1 3A1

78 1080B1 2 1 1 6B1
30

504D1 2 1 1 6D1
14

704A1 2 1 1 4D1
118C1

11 1089A1 3 2 1 11 33A1
133B1

1
512A1 2 2 1 i 16D1

216F1
2 4C1

22
512B1 2 2 1 i 16L1

216O1
2 704B1 2 1 1 4A1

22 1152A1 2 1 1 24G1
2

512C1 2 4 2 i 2 16C1
216E1

2 704C1 2 1 1 4B1
22 1152B1 2 1 1 24I1

2

528A1 1 2 2 i 4A1
33 720A1 1 2 2 i 12A1

5 1200A1 1 2 2 i 20A1
3

539A1 1 2 1 7 7A1
117B1

11 756A1 6 1 1 6A1
21 1216A1 2 1 1 4A1

38

540A1 2 1 1 6A1
15 768A1 2 1 1 8N1

3 16F1
3 8P1

6 1280A1 4 1 1 16A1
58F1

10
540B1 2 1 1 6B1

15 768B1 2 1 1 8O1
316G1

38Q1
6 1280B1 4 1 1 8A1

10
540C1 1 2 2 3 6C1

15 768C1 2 1 1 8P1
3 16H1

38V 1
6 1280C1 2 2 1 i 8B1

108C1
10

768D1 2 1 1 8A1
6 1280D1 4 4 2 i 2 8G1

10
544A1 2 1 1 4B1

34 768E1 2 1 1 8B1
6

544B1 4 1 1 4A1
34 768F1 2 2 1 2 8A1

38B1
3 1296A1 1 2 2 i 36A1

1
768G1 2 2 1 2 8G1

38H1
3

558A1 1 1 1 3A1
62 768H1 2 2 1 2 8D1

68G1
6 1344A1 2 1 1 4A1

42
768I1 2 4 2 i 2 24J1

224L1
28M1

6 1344B1 2 1 1 4D1
42

560A1 1 2 2 i 4A1
35 768J1 2 4 2 i 2 8P1

3 16H1
38V 1

6
768K1 2 4 2 i 2 8N1

6 1350A1 1 1 1 15A1
6

567A1 1 1 1 9A1
7

784A1 1 4 2 i 7 28A1
128B1

1 1440A1 2 1 1 12C1
10

575A1 1 1 1 5A1
23 1440B1 4 1 1 12A1

10
800A1 2 1 1 20A1

2 1440C1 4 1 1 12B1
10

576A1 2 1 1 12O1
124G1

1 800B1 4 2 1 5 20E1
2

12N1
2 1536A1 2 2 1 2 16A1

616B1
6

576B1 2 1 1 12D1
2 810A1 1 1 1 9A1

10
576C1 2 1 1 12M1

2 1568A1 2 2 1 7 28E1
228F1

2
576D1 6 1 1 12J1

124E1
1 864A1 2 1 1 12E1

6 1568B1 4 2 1 7 28A1
228C1

2
12H1

2 1568C1 4 2 1 7 28B1
228D1

2
576E1 3 4 2 i 2 24H1

1 882A1 1 2 1 7 21A1
221B1

2
1575A1 3 1 1 15A1

7
600A1 2 1 1 10A1

6 896A1 2 1 1 8E1
14

600B1 2 1 1 10B1
6 896B1 2 1 1 8F1

14 1728A1 2 1 1 12F1
6

600C1 2 2 1 5 10D1
6 1728B1 2 1 1 12G1

6
900A1 3 2 2 3 30C1

1 1728C1 6 1 1 12Q1
324N1

3
605A1 1 2 1 11 11A1

511B1
5 900B1 6 2 1 15 30A1

130B1
1 12T1

6



C Cummins: Congruence Subgroups of Genus 0 and 1

P G GT Ir C

1764A1 2 2 1 7 42C1
142D1

1
1764B1 6 2 1 7 42A1

142B1
1

1792A1 2 4 2 i 2 8A1
148B1

14

2304A1 4 1 1 24A1
2

2304B1 4 1 1 24B1
2

2304C1 2 2 2 i 24H1
2

2304D1 2 2 2 i 24Q1
2

2304E1 2 2 1 2 24C1
124D1

1
2304F1 6 2 1 2 24A1

124B1
1

2700A1 6 1 1 30A1
3

2816A1 2 2 1 2 8A1
118B1

11

3072A1 2 2 1 2 16A1
316B1

3
3072B1 2 2 1 2 16C1

316D1
3

3200A1 2 1 1 40A1
2

3456A1 2 1 1 24L1
6

4800A1 2 1 1 20A1
6

5184A1 2 1 1 36A1
2

6912A1 6 2 1 2 24E1
324F1

3

9216A1 4 2 2 2 48A1
2



C Cummins: Congruence Subgroups of Genus 0 and 1

Fields

Period 15 11 7 3 2 i i 2 2 5 Total

1 132 0 1 4 5 0 13 1 0 7 163

2 120 0 0 2 1 7 4 2 2 2 140

3 26 1 0 1 4 0 2 0 0 0 34

4 16 0 0 0 0 2 0 0 0 0 18

6 10 0 0 0 0 0 0 0 0 0 10

8 3 0 0 0 0 0 0 0 0 0 3

12 2 0 0 0 0 0 0 0 0 0 2

24 1 0 0 0 0 0 0 0 0 0 1

Total 310 1 1 7 10 9 19 3 2 9 371

Table 5: Summary of genus 0 moonshine groups data. Each column is the coefficient field. The notation
is that x, y, i, . . . , a, b is the field Q(,

√−x,
√−y, i, . . . ,

√
a,
√

b). So, for example, 15 is the field Q(
√−15)

and i 2 is Q(i,
√

2). The first column lists the number of rational groups. The number of groups is up to
Galois conjugations and translations. The fields are the minimal fields in each equivalence class of groups
as described in Section 6.

Fields

Period 15 11 7 3 2 i i 2 i 3 i 7 2 3 5 Total

1 198 1 2 6 8 0 30 3 2 1 0 0 4 255

2 255 0 1 8 2 8 8 10 0 0 1 0 4 297

3 13 0 1 0 4 0 1 1 2 0 0 0 2 24

4 28 0 0 2 0 5 0 3 0 0 1 1 1 41

6 19 1 0 1 0 2 0 0 0 0 0 0 0 23

8 0 0 0 0 0 0 0 0 0 0 0 0 0 0

12 0 0 0 0 0 0 0 0 0 0 0 0 0 0

24 0 0 0 0 0 0 0 0 0 0 0 0 0 0

Total 513 2 4 17 14 15 39 17 4 1 2 1 11 640

Table 6: Summary of genus 1 moonshine groups data. The notation is as in Table 5.



C Cummins: Congruence Subgroups of Genus 0 and 1

h

m 1 2 3 4 6 8 12 24 Total

1 1, 1, 1 5, 3, 4 11, 7, 8 29, 18, 21 99, 45, 56 81, 24, 32 321, 28, 42 700, 1, 2 1247, 127, 166

2 2, 2, 2 6, 6, 7 34, 24, 26 22, 22, 27 93, 55, 67 14, 14, 16 110, 24, 25 48, 0, 0 329, 147, 170

3 2, 2, 2 15, 10, 12 8, 8, 9 57, 25, 31 41, 17, 22 117, 5, 10 84, 5, 6 177, 0, 0 501, 72, 92

4 ∗ ∗ ∗ ∗ ∗ 44, 10, 10 ∗ 137, 1, 1 181, 11, 11

5 2, 2, 2 11, 6, 8 17, 9, 10 35, 11, 14 69, 5, 6 70, 1, 2 166, 0, 0 332, 0, 0 702, 34, 42

6 5, 5, 5 16, 16, 19 17, 17, 21 22, 22, 27 14, 14, 14 10, 10, 10 13, 13, 13 97, 97, 109

7 2, 2, 2 9, 5, 6 14, 4, 4 19, 1, 2 49, 3, 4 43, 0, 0 98, 0, 0 206, 0, 0 440, 15, 18

8 ∗ ∗ ∗ ∗ ∗ 9, 1, 1 ∗ 18, 0, 0 27, 1, 1

9 ∗ ∗ 8, 5, 5 ∗ 23, 1, 1 ∗ 46, 0, 0 92, 0, 0 169, 6, 6

10 5, 5, 5 9, 9, 10 29, 7, 7 8, 8, 8 35, 7, 7 16, 0, 0 102, 36, 37

11 1, 1, 1 4, 2, 3 6, 2, 3 14, 5, 6 18, 0, 0 24, 0, 0 48, 0, 0 88, 0, 0 203, 10, 13

12 ∗ ∗ ∗ ∗ ∗ 12, 0, 0 ∗ 12, 0, 0

13 2, 2, 2 5, 1, 1 9, 1, 1 12, 0, 0 19, 0, 0 25, 0, 0 42, 0, 0 86, 0, 0 200, 4, 4

14 3, 3, 3 5, 5, 6 19, 7, 7 5, 5, 5 16, 0, 0 10, 0, 0 58, 20, 21

15 3, 3, 3 15, 8, 10 4, 4, 4 29, 1, 2 8, 0, 0 58, 0, 0 16, 0, 0 32, 0, 0 165, 16, 19

16 ∗ ∗ ∗ ∗ ∗ 12, 0, 0 ∗ 24, 0, 0 36, 0, 0

17 1, 1, 1 3, 1, 1 4, 0, 0 6, 0, 0 10, 0, 0 12, 0, 0 18, 0, 0 36, 0, 0 90, 2, 2

18 ∗ ∗ 8, 4, 4 ∗ 7, 0, 0 ∗ 15, 4, 4

19 1, 1, 1 3, 1, 1 3, 1, 1 6, 0, 0 7, 0, 0 12, 0, 0 14, 0, 0 28, 0, 0 74, 3, 3

20 ∗ ∗ ∗ ∗ ∗ 2, 0, 0 ∗ 4, 0, 0 6, 0, 0

21 3, 3, 3 9, 3, 3 1, 1, 1 18, 0, 0 2, 1, 1 36, 0, 0 3, 0, 0 6, 0, 0 78, 8, 8

22 2, 2, 2 3, 3, 3 8, 0, 0 8, 0, 0 21, 5, 5

23 1, 1, 1 3, 1, 2 4, 0, 0 6, 0, 0 8, 0, 0 12, 0, 0 16, 0, 0 32, 0, 0 82, 2, 3

25 5, 2, 2 15, 0, 0 18, 0, 0 30, 0, 0 46, 0, 0 61, 0, 0 92, 0, 0 186, 0, 0 453, 2, 2

26 2, 2, 2 3, 3, 3 8, 0, 0 1, 1, 1 6, 0, 0 2, 0, 0 22, 6, 6

27 ∗ ∗ 2, 0, 0 ∗ 3, 0, 0 ∗ 5, 0, 0 10, 0, 0 20, 0, 0

29 1, 1, 1 2, 1, 1 4, 0, 0 3, 0, 0 6, 0, 0 6, 0, 0 10, 0, 0 20, 0, 0 52, 2, 2

30 6, 6, 6 5, 5, 6 4, 4, 4 15, 15, 16

31 1, 1, 1 2, 0, 0 3, 1, 1 4, 0, 0 5, 0, 0 8, 0, 0 10, 0, 0 20, 0, 0 53, 2, 2

33 2, 2, 2 5, 1, 1 10, 0, 0 20, 0, 0 37, 3, 3

34 1, 1, 1 1, 1, 1 2, 0, 0 2, 0, 0 6, 2, 2

35 2, 2, 2 5, 1, 1 6, 0, 0 10, 0, 0 12, 0, 0 20, 0, 0 24, 0, 0 48, 0, 0 127, 3, 3

38 1, 1, 1 1, 1, 1 2, 0, 0 2, 0, 0 6, 2, 2

39 2, 2, 2 4, 0, 0 1, 1, 1 8, 0, 0 1, 0, 0 16, 0, 0 2, 0, 0 4, 0, 0 38, 3, 3

41 1, 1, 1 2, 1, 1 2, 0, 0 3, 0, 0 4, 0, 0 6, 0, 0 6, 0, 0 12, 0, 0 36, 2, 2

42 3, 3, 3 3, 3, 3 6, 6, 6

46 2, 2, 2 4, 0, 0 6, 2, 2

47 1, 1, 1 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 45, 1, 1

49 5, 1, 1 11, 0, 0 12, 0, 0 22, 0, 0 24, 0, 0 44, 0, 0 48, 0, 0 96, 0, 0 262, 1, 1

50 7, 2, 2 3, 0, 0 20, 0, 0 1, 0, 0 8, 0, 0 2, 0, 0 41, 2, 2

51 1, 1, 1 2, 1, 1 3, 0, 0 6, 0, 0 12, 2, 2

55 1, 1, 1 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 45, 1, 1

59 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

62 1, 1, 1 2, 0, 0 3, 1, 1

66 2, 2, 2 1, 1, 1 3, 3, 3

69 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

70 2, 2, 2 1, 1, 1 4, 0, 0 2, 0, 0 9, 3, 3

71 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

75 3, 0, 0 7, 0, 0 1, 0, 0 14, 0, 0 1, 0, 0 28, 0, 0 2, 0, 0 4, 0, 0 60, 0, 0

78 2, 2, 2 2, 2, 2



C Cummins: Congruence Subgroups of Genus 0 and 1

h

m 1 2 3 4 6 8 12 24 Total

87 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

94 1, 1, 1 2, 0, 0 3, 1, 1

95 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

98 4, 0, 0 2, 0, 0 8, 0, 0 4, 0, 0 18, 0, 0

105 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

110 1, 1, 1 2, 0, 0 3, 1, 1

119 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

121 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 48, 0, 0

125 2, 0, 0 4, 0, 0 4, 0, 0 6, 0, 0 8, 0, 0 12, 0, 0 12, 0, 0 24, 0, 0 72, 0, 0

150 3, 0, 0 1, 0, 0 4, 0, 0

175 1, 0, 0 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 0, 0

Total 111, 84, 84 215, 100, 117 333, 107, 117 431, 119, 144 682, 148, 178 876, 65, 81 1280, 70, 86 2558, 2, 3 6486, 695, 810

Table 7: Summary of total number of genus 0 moonshine groups. The first entry is the total number of
groups of Γ-level N , where N = mh2 with h the largest divisor of 24 such that h2 divides N . The second is
the number of groups such that Γ0(N) is a normal subgroup where N is the Γ-level. The third entry is the
number of groups which contain some Γ0(N) normally where N is not necessarily the Γ-level. Any entry
0,0,0 is omitted and an entry ∗ denotes values m and h such that h is not the largest divisor of 24 such that
h2 divides N = mh2.



C Cummins: Congruence Subgroups of Genus 0 and 1

h

m 1 2 3 4 6 8 12 24 Total

1 10, 10, 10 36, 33, 38 194, 120, 156 605, 34, 56 845, 197, 260

2 8, 8, 8 64, 54, 62 36, 36, 44 233, 121, 143 192, 32, 36 533, 251, 293

3 2, 2, 2 28, 25, 30 44, 30, 38 108, 32, 48 121, 32, 36 230, 2, 4 533, 123, 158

4 ∗ ∗ ∗ ∗ ∗ 38, 12, 14 ∗ 280, 0, 0 318, 12, 14

5 4, 4, 4 16, 14, 15 29, 20, 24 96, 29, 36 81, 22, 28 282, 12, 12 626, 0, 0 1134, 101, 119

6 8, 8, 8 18, 18, 18 56, 56, 64 27, 27, 33 48, 48, 52 18, 18, 20 12, 12, 12 187, 187, 207

7 5, 4, 5 10, 10, 12 24, 12, 16 58, 12, 15 52, 2, 4 167, 1, 2 354, 0, 0 670, 41, 54

8 ∗ ∗ ∗ ∗ ∗ 24, 0, 0 ∗ 64, 0, 0 88, 0, 0

9 ∗ ∗ 9, 3, 4 ∗ 39, 12, 15 ∗ 90, 0, 0 174, 0, 0 312, 15, 19

10 9, 9, 11 30, 22, 24 23, 23, 27 80, 24, 24 8, 8, 8 90, 12, 12 16, 0, 0 256, 98, 106

11 1, 1, 1 8, 5, 5 10, 6, 6 22, 12, 14 39, 2, 3 38, 2, 4 102, 0, 0 184, 0, 0 404, 28, 33

12 ∗ ∗ ∗ ∗ ∗ 68, 12, 12 ∗ 8, 0, 0 76, 12, 12

13 4, 3, 4 5, 3, 3 13, 4, 4 34, 4, 4 26, 0, 0 74, 0, 0 148, 0, 0 304, 14, 15

14 2, 2, 2 9, 9, 10 25, 13, 15 12, 12, 14 50, 12, 13 8, 8, 8 44, 0, 0 16, 0, 0 166, 56, 62

15 2, 2, 2 17, 10, 11 3, 3, 6 52, 14, 20 24, 15, 18 112, 0, 0 42, 0, 0 84, 0, 0 336, 44, 57

16 ∗ ∗ ∗ ∗ ∗ 20, 0, 0 ∗ 78, 0, 0 98, 0, 0

17 1, 1, 1 4, 1, 2 9, 5, 6 16, 4, 4 22, 0, 0 31, 0, 0 58, 0, 0 114, 0, 0 255, 11, 13

18 ∗ ∗ 12, 9, 9 ∗ 18, 3, 3 ∗ 6, 0, 0 36, 12, 12

19 1, 1, 1 4, 2, 3 7, 3, 3 13, 4, 4 19, 1, 1 24, 0, 0 47, 0, 0 90, 0, 0 205, 11, 12

20 ∗ ∗ ∗ ∗ ∗ 16, 2, 2 ∗ 32, 0, 0 48, 2, 2

21 2, 2, 2 12, 5, 6 4, 4, 4 34, 4, 4 11, 1, 1 74, 0, 0 21, 0, 0 42, 0, 0 200, 16, 17

22 2, 2, 2 1, 1, 3 13, 5, 6 4, 4, 6 12, 0, 0 8, 0, 0 40, 12, 17

23 3, 3, 3 2, 2, 3 5, 1, 2 14, 0, 0 10, 0, 0 22, 0, 0 44, 0, 0 100, 6, 8

24 ∗ ∗ ∗ ∗ ∗ 8, 0, 0 ∗ 8, 0, 0

25 8, 2, 3 14, 1, 1 24, 0, 0 59, 0, 0 48, 0, 0 140, 0, 0 276, 0, 0 569, 3, 4

26 2, 2, 2 3, 3, 3 13, 3, 3 4, 4, 4 14, 0, 0 8, 0, 0 44, 12, 12

27 ∗ ∗ 3, 1, 1 ∗ 17, 0, 0 ∗ 29, 0, 0 58, 0, 0 107, 1, 1

28 ∗ ∗ ∗ ∗ ∗ 8, 0, 0 ∗ 16, 0, 0 24, 0, 0

29 1, 0, 0 2, 0, 0 8, 0, 0 4, 0, 0 12, 0, 0 24, 0, 0 51, 0, 0

30 6, 6, 6 19, 19, 22 9, 9, 9 16, 16, 16 6, 6, 6 56, 56, 59

31 3, 3, 4 6, 0, 0 9, 0, 0 12, 0, 0 18, 0, 0 36, 0, 0 84, 3, 4

33 1, 1, 1 7, 4, 5 3, 3, 3 20, 4, 4 3, 0, 0 36, 0, 0 6, 0, 0 12, 0, 0 88, 12, 13

34 3, 3, 3 4, 4, 4 11, 3, 3 3, 3, 3 8, 0, 0 6, 0, 0 35, 13, 13

35 1, 1, 1 7, 4, 5 10, 2, 3 20, 4, 4 30, 0, 0 36, 0, 0 66, 0, 0 124, 0, 0 294, 11, 13

37 1, 1, 1 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 32, 0, 0 75, 1, 1

38 2, 2, 2 2, 2, 2 9, 3, 3 2, 2, 2 4, 0, 0 4, 0, 0 23, 9, 9

39 1, 1, 1 8, 5, 6 1, 1, 1 16, 0, 0 4, 0, 0 32, 0, 0 8, 0, 0 16, 0, 0 86, 7, 8

41 1, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 16, 0, 0 37, 0, 0

42 6, 6, 6 10, 10, 10 6, 6, 6 10, 10, 10 32, 32, 32

43 1, 1, 1 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 45, 1, 1

44 ∗ ∗ ∗ ∗ ∗ 8, 0, 0 ∗ 16, 0, 0 24, 0, 0

45 ∗ ∗ 6, 3, 3 ∗ 9, 0, 0 ∗ 18, 0, 0 36, 0, 0 69, 3, 3

46 2, 2, 3 2, 0, 0 4, 0, 0 8, 2, 3

47 1, 1, 2 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 16, 0, 0 37, 1, 2

48 ∗ ∗ ∗ ∗ ∗ 16, 0, 0 ∗ 16, 0, 0

49 1, 1, 1 11, 1, 1 8, 0, 0 37, 0, 0 42, 0, 0 74, 0, 0 106, 0, 0 212, 0, 0 491, 2, 2

50 5, 2, 2 7, 2, 2 29, 0, 0 4, 0, 0 22, 0, 0 4, 0, 0 12, 0, 0 8, 0, 0 91, 4, 4

51 2, 2, 2 4, 1, 1 3, 3, 3 7, 0, 0 3, 0, 0 14, 0, 0 6, 0, 0 12, 0, 0 51, 6, 6

53 1, 1, 1 1, 0, 0 4, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 16, 0, 0 40, 1, 1

54 ∗ ∗ 9, 0, 0 ∗ ∗ 9, 0, 0



C Cummins: Congruence Subgroups of Genus 0 and 1

h

m 1 2 3 4 6 8 12 24 Total

55 2, 2, 2 7, 3, 4 7, 3, 3 14, 0, 0 17, 0, 0 28, 0, 0 34, 0, 0 68, 0, 0 177, 8, 9

57 1, 1, 1 2, 0, 0 4, 0, 0 8, 0, 0 15, 1, 1

58 1, 1, 1 4, 0, 0 5, 1, 1

59 2, 1, 1 3, 0, 0 4, 0, 0 6, 0, 0 6, 0, 0 12, 0, 0 33, 1, 1

61 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

62 1, 1, 1 2, 2, 2 5, 3, 3 4, 0, 0 12, 6, 6

63 ∗ ∗ 3, 0, 0 ∗ 3, 0, 0 ∗ 6, 0, 0 12, 0, 0 24, 0, 0

65 2, 2, 2 3, 0, 0 6, 0, 0 6, 0, 0 8, 0, 0 12, 0, 0 16, 0, 0 32, 0, 0 85, 2, 2

66 3, 3, 3 5, 5, 5 8, 8, 8

69 1, 1, 1 4, 2, 2 6, 0, 0 12, 0, 0 23, 3, 3

70 3, 3, 3 5, 5, 5 8, 0, 0 10, 0, 0 26, 8, 8

71 1, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 21, 0, 0

74 1, 1, 1 4, 0, 0 5, 1, 1

75 5, 2, 2 13, 0, 0 5, 0, 0 31, 0, 0 9, 0, 0 60, 0, 0 17, 0, 0 34, 0, 0 174, 2, 2

77 1, 1, 1 1, 0, 0 4, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 16, 0, 0 40, 1, 1

78 3, 3, 3 4, 4, 4 3, 3, 3 10, 10, 10

79 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

82 1, 1, 1 2, 0, 0 3, 1, 1

83 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

86 1, 1, 1 2, 0, 0 3, 1, 1

87 3, 2, 2 4, 0, 0 8, 0, 0 15, 2, 2

89 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

90 ∗ ∗ 3, 0, 0 ∗ ∗ 3, 0, 0

91 1, 1, 1 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 45, 1, 1

94 1, 1, 1 2, 0, 0 3, 1, 1

95 1, 1, 1 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 45, 1, 1

98 5, 1, 1 12, 0, 0 16, 0, 0 8, 0, 0 24, 0, 0 16, 0, 0 81, 1, 1

101 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

102 1, 1, 1 1, 1, 1

105 4, 4, 4 8, 3, 3 13, 0, 0 26, 0, 0 51, 7, 7

110 3, 3, 3 2, 2, 2 6, 0, 0 4, 0, 0 15, 5, 5

111 1, 1, 1 2, 0, 0 4, 0, 0 8, 0, 0 15, 1, 1

114 1, 1, 1 1, 1, 1

118 1, 1, 1 2, 0, 0 3, 1, 1

119 1, 1, 1 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 45, 1, 1

121 2, 0, 0 6, 0, 0 2, 0, 0 10, 0, 0 4, 0, 0 16, 0, 0 32, 0, 0 72, 0, 0

123 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

130 1, 1, 1 2, 0, 0 3, 1, 1

131 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

138 1, 1, 1 1, 1, 1

141 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

142 1, 1, 1 2, 0, 0 3, 1, 1

143 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

145 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

150 5, 1, 1 4, 0, 0 3, 0, 0 2, 0, 0 14, 1, 1

155 1, 1, 1 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 1, 1

159 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

174 1, 1, 1 1, 1, 1

175 2, 0, 0 5, 0, 0 5, 0, 0 8, 0, 0 11, 0, 0 16, 0, 0 18, 0, 0 36, 0, 0 101, 0, 0

182 1, 1, 1 2, 0, 0 3, 1, 1



C Cummins: Congruence Subgroups of Genus 0 and 1

h

m 1 2 3 4 6 8 12 24 Total

190 1, 1, 1 2, 0, 0 3, 1, 1

195 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

210 1, 1, 1 1, 1, 1

222 1, 1, 1 1, 1, 1

231 1, 1, 1 1, 0, 0 2, 0, 0 4, 0, 0 8, 1, 1

238 1, 1, 1 2, 0, 0 3, 1, 1

325 1, 0, 0 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 0, 0

350 1, 0, 0 2, 0, 0 3, 0, 0

363 2, 0, 0 2, 0, 0 4, 0, 0 8, 0, 0 16, 0, 0

425 1, 0, 0 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 0, 0

539 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 48, 0, 0

575 1, 0, 0 1, 0, 0 2, 0, 0 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 24, 0, 0

605 2, 0, 0 2, 0, 0 4, 0, 0 4, 0, 0 4, 0, 0 8, 0, 0 8, 0, 0 16, 0, 0 48, 0, 0

Total 130, 104, 104 307, 156, 178 471, 169, 184 691, 246, 284 1081, 242, 282 1498, 217, 262 2335, 316, 381 4761, 80, 108 11274, 1530, 1783

Table 8: Summary of total number of genus 1 moonshine groups by Γ-level. The notation is as in Table 7.
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